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Spatial distribution of RF electromagnetic field absorption by a plasma electron subsystem of ion source is studied.

An ion source operates in a helicon mode (wci < w < wce < wpe).A simplified model of plasma RF source is used for

investigations. Calculations were performed for two particular geometrical dimensions of a discharge chamber with

the assumption of two symmetrical modes excitation at two different pressure values of plasma forming gas (helium,

hydrogen). The ion source injector parameters of IAP NASU nuclear scanning microprobe were taken for calculations.

The calculations show a resonant behaviour of integral RF power absorption as a function of the external magnetic

field at a fixed plasma density. Sharpness of resonances becomes smaller as plasma forming gas pressure grows. There

is a distribution topography of absorbed power in a discharge chamber for the cases under research. The possible

extracted ion current density is evaluated under Bohm criterion.

PACS: 52.50.Dg

1. INTRODUCTION

Nuclear scanning microprobe [1] has been developed,
constructed, and put into operation at the Institute
of Applied Physics of National Academy of Sciences
of Ukraine (IAP NASU). The microprobe resolution
depends on parameters of an ion beam generated by
a plasma source and on focusing ability of a probe-
forming system. High resolution of a microprobe re-
quires improved parameters (current, current density
distribution and brightness) of an ion beam injected
onto an input of a probe-forming system.

In nuclear scanning microprobes (NSMP) RF
plasma sources are widely used as ion beams genera-
tors, since they best meet economic requirements (i.e.
have a relatively small value of consumed energy) and
have a sufficient operating resource. They can func-
tion in various modes: inductive, helicon, and others
[1]. High efficiency of plasma generation in helicon
RF sources was first revealed experimentally in works
[2,3]. Still, mechanisms of high efficiency of RF power
absorption in helicon sources remained unclear for a
long time. Work [4] first proposes and studies a colli-
sional heating of plasma electrons during its interac-
tion with longitudinal Trivelpiece – Gould wave (TG
wave) for a RF helicon sources.

However, work [5] draws attention to the fact that
collisionless Cherenkov absorption of TG wave energy
by plasma electrons may be crucial for high heating
efficiency of plasma electrons for helicon sources.
Thus, as dictated by the experimental conditions (a
neutral gas pressure, geometry dimensions of a source
etc.) one or another elementary mechanism may pre-

vail in plasma formation, or both mechanisms may
play commensurable part.

The article studies spatial distribution of RF
power absorbed by a plasma electron subsystem in a
source discharge chamber. Geometry of a plasma ion
source is close to that of IAP NASU operating with
hydrogen or helium plasma. Here singly ionized ions
of hydrogen and helium are considered. Ion beams
are applied in an IAP NASU nuclear scanning micro-
probe (proton beam is for PIXE analytical technique,
helium beam is for hydrogen analysis in the samples).

Known spatial distribution of absorbed power in
a source discharge chamber allows evaluation of ab-
solute integral loss of RF power that is expended for
heating of a plasma electron subsystem; and varia-
tions of these distributions in relation to the source
parameters (plasma density, electron temperature,
value of external uniform magnetic field, geometry
of a source, exiting antenna). In work [6] the TG
wave was shown to be absorbed either at a surface
of a plasma column or in its volume. This aspect
is crucial for extraction of the beams from a plasma
surface since some conditions for TG wave volume ab-
sorption should be realized in a plasma source. The
article concerns TG wave absorption subject to spe-
cific parameters of an ion plasma source of the IAP
NASU nuclear scanning microprobe.

Let’s discuss the aims and problems of the article.
Development of a complete theory on a plasma source
operation with specified form of phase characteris-
tics of an extracted ion beam is a challenge since it is
related to non-stationary phenomena in an essentially
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inhomogeneous plasma. Therefore, a separate oper-
ating stage of a plasma source is regarded here. The
stage under consideration is the transmission process
of RF field power to a plasma electron subsystem
of an ion source and a process of plasma density in-
crease through a mechanism of electron-neutral atom
collisions at plasma-forming gas pressure of 6 mTorr,
10 mTorr. Our prime interest is in the modes where
RF power of 300 W at most is absorbed inside dis-
charge chamber. Maximum extracted density of ion
current was evaluated from Bohm criterion. Such
evaluation will be correct only for cases where almost
whole absorbed power is concentrated in a paraxial
area of the discharge chamber.

2. MODEL OF THE SOURCE

Fig.1 presents a scheme of an ion source model
for consideration of theoretical and numerical solu-
tion of spatial distribution of RF power absorbed by
a plasma electron subsystem inside ion source. Lat-
eral dimensions of the model are limited by a thin
cylindrical quartz discharge chamber of radius R and
length L. In addition, there are conductive metal
flanges placed on ends of the discharge chamber.

Permittivity tensor does not depend on z and θ
coordinates, the problem may be solved when field
and current of the antenna are decomposed into nor-
mal modes.

As azimuthally symmetric antenna (m=0) is con-
sidered here, the fields and current of the antenna
are decomposed into Furier series expansion only by
z coordinate.

Alternating current of w frequency is created in
the four-coil antenna by an external generator. Dis-
tance between the antenna coils is 3 mm. The sec-
ond coil is placed on the L/2 distance from discharge
chamber end.

The ion source discharge chamber and the an-
tenna is assumed to be immersed into external uni-
form magnetic field with an induction B⃗0. The ex-
ternal magnetic field is directed along the discharge
chamber axis.

Fig.1. The ion source layout

Partially ionized electron plasma with uniform elec-
trons and ions distribution n0e = n0i = n0 is as-
sumed to be previously created inside the discharge

chamber. Density of neutral atoms of gases under
consideration is given by the gas pressure.

We consider the case when an external exciting
frequency w is less than lower hybrid frequency wLH

in plasma. Plasma ions are immovable for this case.

3. ELECTROMAGNETIC FIELD,
ANTENNA CURRENT AND BOUNDARY

CONDITIONS. CONSIDERATION OF
POWER ABSORPTION MECHANISMS

The electric and magnetic field strength satisfy the
Maxwell equations with the permittivity tensor of
cold magnetoactive plasma [7]. Since the condition
w < wLH is satisfied, the permittivity tensor consid-
ers only a plasma electron subsystem:
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Relation between electric induction vector and vector
of electric field strength is described by constitutive
equation:

D⃗ = ϵ(w)E⃗ . (2)

Anti-Hermitian part of the dielectric tensor consid-
ers two mechanisms of electromagnet wave absorbed
by the plasma electron subsystem that are collisional
and collisionless. The collision mechanism depends
on effective frequency of electron collision with neu-
tral atoms and with generated ions of gases under
consideration.

At electron temperature of 5 eV and pressure of
plasma forming gas of 1 mTorr, “electron-neutral”
collision frequency is 2, 7 MHz for helium plasma and
4, 7 MHz for hydrogen plasma.

“Electron–ion” Coulomb collisions are calculated
with allowance of averaging over Maxwellian distri-
bution function of electron velocity:
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νeff = νen + νei . (3)

Collisionless mechanism depends on external distur-
bance frequency w, length L of a discharge chamber,
plasma density n0 and temperature Te of electron
plasma component Te.

This article discusses the cases for hydrogen and
helium at kz = π/L, f = 27,12 MHz where the ba-
sic heating mechanism of plasma electron subsystem
is collisional. Collisionless heating mechanism intro-
duces negligible corrections and we do not consider it
in our calculations.

The graphs below represent estimate corelation
of two mechanisms of power absorption in the tensor
component ϵ∥. Figs.2,a and 3,a represent the data for
chamber length L = 6cm. Figs.2,b and 3,b represent
the data for chamber length L = 7cm. The ratio
ϵ
′′

LAN/ϵ
′′

CL is is showed on the graphs in numbers.

Fig.2. Influence of two mechanisms of power ab-
sorption. Plasma-forming gas is helium, kz = π/L,
f =27,12 MHz

Fig.3. Influence of two mechanisms of power ab-
sorption. Plasma-forming gas is hydrogen, kz =
π/L, f =27,12MHz

In our case a collisionless mechanism is seen to de-
velop itself significantly for chambers with L = 6cm
or less. Tangential components of electric field are
continuous at the “plasma–vacuum” interface:

Epl
z = Evac

z , Epl
θ = Evac

θ . (4)

Tangential components of magnetic field are discon-
tinuous at the “plasma–vacuum” interface because of
antenna current flow:

Hpl
z −Hvac

z = −jθ , Hpl
θ = Hvac

θ . (5)

The field components and antenna current are found
in the Furier series form since discharge chamber is
limited along the z axis:

j⃗θ =
∑

n e⃗θjθ(r)sin(kznz) , (6)

E⃗ =
∑

n e⃗rEr(r)sin(kznz) + e⃗θEθ(r)sin(kznz) + e⃗zEz(r)cos(kznz) , (7)

H⃗ =
∑

n e⃗rHr(r)cos(kznz) + e⃗θHθ(r)cos(kznz) + e⃗zHz(r)sin(kznz) , (8)

where kzn = nπ/L, n is a longitudinal harmonic
number; L is a discharge chamber length.

Here tangential components of electric field are
equal to zero at metal ends of the discharge cham-
ber. Furier amplitudes of current density in a 4− coil
antenna have a form of:

jθ = IA
L δ(r − rA)sin(kznzA) , (9)

where: IA is a current amplitude in Amperes; zA is
a coil coordinate along the axis; rA is a radius of the
antenna, and it is equal R.
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Explicit form of the electromagnetic field compo-
nents is obtained in the usual way [8] and is not given
here as cumbersome.

Boundary conditions and Maxwell equations in
coordinate axes projections are written for Furier

amplitudes of field component and for Furier ampli-
tudes of antenna current density.

With known explicit expression for components
of electromagnetic field inside the discharge cham-
ber, RF power integral absorption in the discharge
chamber may be calculated:

Pabs =
wϵ0
2

∫∫∫
V

Im
[
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(∣∣∣Er

∣∣∣2 + ∣∣∣Eθ
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∣∣∣Ez

∣∣∣2 + ig
(
E∗

θEr − E∗
rEθ

)]
dV .

The expression under integral defines a spatial
distribution of the RF power absorption.

4. NUMERICAL CALCULATIONS AND
DISCUSSION

Numerical calculations were done for helium and hy-
drogen, and a discharge chamber of a 1, 5 cm radius,
7 cm and 12 cm length. Other parameters were an-
tenna current of 3, 5 A, plasma forming gas pressure
of 6 mTorr or 10 mTorr, electron temperature of 5 eV,
ion temperature of 0, 1 eV.

The mode of the ion source with electromag-
net wave exited inside the discharge chamber with
kz = π/L is considered here.

For a wave with kz = π/L to be exited the second
coil of the antenna should be placed in the middle of
the discharge chamber length.

Before calculations the transparency diagrams are
plotted under [6] criteria for helicon waves and Triv-
elpiece – Gould waves (Figs. 4, 5), for two discharge
chambers under investigation. The articles [4, 5, 6, 7]
represent that the helicon wave and TG wave exists
together in the helicon plasma source with a dielec-
tric discharge chamber and cannot be separated in
the discharge chamber.

In other words, there is a hybrid TG + helicon
mode propagated in the helicon plasma source with
a dielectric discharge chamber.

In reference to the above, the regions of common
existence of helicon and TG wave are of practical
concern at the transparency diagrams. The power
absorption resonances would be searched only at
these regions. The diagram regions where only a
TG wave exists are of no interest since in real ex-
periment it is impossible to excite only TG wave in
a helicon plasma source with a dielectric chamber.
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Fig.4. Wave transparency regions. Plasma-forming
gas is helium. a) discharge chamber with L=7 cm;
b) discharge chamber with L=12 cm
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Fig.5. Wave transparency regions. Plasma-forming
gas is hydrogen. a) discharge chamber with L=7 cm;
b) discharge chamber with L=12 cm

The graphs (Figs.6–9) give information on plasma
density values of resonant RF – power in-
put kept for helium and hydrogen plasma.
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Fig.6. Power absorption for a discharge chamber
with L=7 cm at 6 mTorr pressure

Fig.7. Power absorption for the discharge chamber
with L=7 cm at 10 mTorr pressure

Fig.8. Power absorption for a discharge chamber
with L=12 cm at 6 mTorr pressure

Fig.9. Power absorption for a discharge chamber
with L=12 cm at 10 mTorr pressure
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This information can be conveniently represented
in a tabulated form.

Gas Chamber Gas Plasma
length, cm pressure, density,

mTorr cm−3

hydrogen 7 6 1.2E+12
helium 7 6 2.5E+12

hydrogen 12 6 1.2E+12
helium 12 6 2.5E+12

Gas Chamber Gas Plasma
length, cm pressure, density,

mTorr cm−3

hydrogen 7 10 8E+11
helium 7 10 1.8E+12

hydrogen 12 10 8E+11
helium 12 10 1.8E+12

Analysis of a 3D distribution of power ab-
sorption at resonances (Figs.6–9) shows that
these resonances are not equivalent with rela-
tion to power distribution in a discharge chamber.

Fig.10. Discharge chamber with L=7 cm,
p=6 mTorr, at plasma density

n0 = 1, 2E + 12 cm−3. 10a) helium plasma,
B0 = 102 Gs, 10b) hydrogen plasma, B0 = 104 Gs

For helium plasma, with gas pressure of 6 mTorr
and 10 mTorr at both chambers, penetration of ab-
sorbed power into the paraxial region (Figs.10–13)
is better at resonance with plasma density of
1, 2E + 12 cm−3 than at resonance with plasma
density of 1, 8E + 12 cm−3...2, 5E + 12 cm−3.
Maximum density of extracted ion cur-
rent at plasma density of 1, 2E + 12 cm−3

for helium plasma is J+ = 120 mA/cm2.

Fig.11. Discharge chamber with L = 7 cm,
p = 10mTorr, at plasma density

n0 = 1, 2E + 12 cm−3. 11a) helium plasma at
n0 = 1, 2E + 12 cm−3, B0 = 107Gs, 11b) hydrogen

plasma at n0 = 8E + 11 cm−3, B0 = 92Gs

Fig.12. Discharge chamber with L = 12 cm,
p = 6mTorr,at plasma density

n0 = 1, 2E + 12 cm−3. 12a) helium plasma,
B0 = 179Gs, 12b) hydrogen plasma, B0 = 182Gs
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For hydrogen plasma, with gas pressure of
6mTorr at both chambers, penetration of absorbed
power into the paraxial region (Figs.10–13) is better
at resonance with plasma density of 1, 2E + 12 cm−3;
J+ = 238mA/cm2 than at resonance with plasma
density of 1, 8E + 12 cm−3...2, 5E + 12 cm−3; with
gas pressure of 10mTorr, penetration of ab-
sorbed power is better at resonance with plasma
density of 8E + 11 cm−3; J+ = 159 mA/cm2.

Fig.13. Discharge chamber with L = 12 cm,
p = 10mTorr, at plasma density

n0 = 1, 2E + 12 cm−3. 13a) helium plasma at
n0 = 1, 2E + 12 cm−3, B0 = 184Gs, 13b) hydrogen

plasma at n0 = 8E + 11 cm−3, B0 = 158Gs

5. CONCLUSIONS

Experimental results from [9] are compared with
theoretic calculations obtained here.

According to the experiment [9], density of helium
plasma n0 = 9E + 11 cm−3 is achieved at 225W in
plasma of a helicon source. The extracted ion current
has a value 90mA/cm2 here.

Balance of power may be theoretically estimated
with the technique described in [10].

For plasma parameters n0=9E + 11 cm−3,
p=10mTorr, and discharge chamber parameters
R=1, 5 cm, L=12 cm the results are obtained as fol-
lows:

1) power carried out by electrons onto the dis-
charge chamber walls is defined by expression:

Pe = n0 · uB · S · ϵe ,

where:
n0 is a plasma density;

uB is a Bohm velocity of the ions;
S is a lateral surface area of the discharge cham-

ber;
ϵe is the energy carried by single electron out of

the discharge;

ϵe = 2Te ,

Pe = 201W ;

2) power carried out by ions onto the discharge
chamber walls is defined by expression:

Pi = n0 · uB · S · ϵi ,

where ϵi is the energy carried by a single ion out of
the discharge;

ϵi = 0, 5Te + Te · ln
( Mi

2 · π ·me

)1/2

Pi = 28, 6W ;

3) power, consumed for heating of electron plasma
component by pair collisions, may be defined on Fig.9
as 33W (first resonance).

Therefore, as to theoretical data, minimum power
required for RF discharge maintenance is 263W .
Density of maximum extracted ion current is theo-
retically esteemed to be 89, 5mA/cm2 according to
Bohm criterion.

Theoretical data are seen to be in a good agree-
ment with experimental data witnessing reasonable
adequacy of the plasma source model used.
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ÐÅÇÎÍÀÍÑÍÛÉ ÂÂÎÄ Â×-ÝËÅÊÒÐÎÌÀÃÍÈÒÍÎÃÎ ÏÎËß Â ÏËÀÇÌÅÍÍÎÌ
ÈÎÍÍÎÌ ÈÑÒÎ×ÍÈÊÅ ÃÅËÈÊÎÍÍÎÃÎ ÒÈÏÀ

Î.Â.Àëåêñåíêî, Â.È.Ìèðîøíè÷åíêî, Ñ.Í.Ìîðäèê

Èññëåäóåòñÿ ïðîñòðàíñòâåííîå ðàñïðåäåëåíèå ïîãëîùåíèÿ Â×-ýëåêòðîìàãíèòíîãî ïîëÿ ýëåêòðîííîé
ïîäñèñòåìîé ïëàçìû èñòî÷íèêà. Èñòî÷íèê èîíîâ ðàáîòàåò â ãåëèêîííîì ðåæèìå (wci < w < wce < wpe).
Äëÿ èññëåäîâàíèé èñïîëüçóåòñÿ óïðîùåííàÿ ìîäåëü ïëàçìåííîãî Â× � èñòî÷íèêà. Ðàñ÷åòû ïðîâîäè-
ëèñü äëÿ äâóõ êîíêðåòíûõ ãåîìåòðè÷åñêèõ ðàçìåðîâ ðàçðÿäíîé êàìåðû â ïðåäïîëîæåíèè âîçáóæäåíèÿ
ñèììåòðè÷íûõ ìîä ïðè äâóõ ðàçëè÷íûõ çíà÷åíèÿõ äàâëåíèÿ ðàáî÷åãî ãàçà � ãåëèÿ, âîäîðîäà. Äëÿ ðàñ-
÷åòîâ âûáðàíû ïàðàìåòðû èñòî÷íèêà èîíîâ èíæåêòîðà ÿäåðíîãî ñêàíèðóþùåãî ìèêðîçîíäà ÈÏÔ ÍÀÍ
Óêðàèíû. Ðåçóëüòàòû ÷èñëåííîãî ñ÷åòà ïîêàçûâàþò ðåçîíàíñíûé õàðàêòåð èíòåãðàëüíîãî ïîãëîùåíèÿ
Â× ìîùíîñòè â çàâèñèìîñòè îò çíà÷åíèÿ âåëè÷èíû ìàãíèòíîãî ïîëÿ ïðè ôèêñèðîâàííîé ïëîòíîñòè
ïëàçìû. Îñòðîòà ðåçîíàíñîâ óìåíüøàåòñÿ ñ ðîñòîì äàâëåíèÿ ðàáî÷åãî ãàçà. Ïðèâîäèòñÿ òîïîãðàôèÿ
ðàñïðåäåëåíèÿ âåëè÷èíû ïîãëîùàåìîé ìîùíîñòè âíóòðè îáúåìà ðàçðÿäíîé êàìåðû äëÿ ðàññìîòðåííûõ
ñëó÷àåâ. Íà îñíîâàíèè êðèòåðèÿ Áîìà äåëàåòñÿ îöåíêà çíà÷åíèÿ ïëîòíîñòè âîçìîæíîãî èçâëåêàåìîãî
èîííîãî òîêà.

ÐÅÇÎÍÀÍÑÍÈÉ ÂÂÎÄ Â×-ÅËÅÊÒÐÎÌÀÃÍIÒÍÎÃÎ ÏÎËß Â ÏËÀÇÌÎÂÎÌÓ
IÎÍÍÎÌÓ ÄÆÅÐÅËI ÃÅËIÊÎÍÍÎÃÎ ÒÈÏÓ

Î.Â.Àëåêñåíêî, Â. I.Ìèðîøíi÷åíêî, Ñ.Ì.Ìîðäèê

Äîñëiäæó¹òüñÿ ïðîñòîðîâèé ðîçïîäië ïîãëèíàííÿ Â×-åëåêòðîìàãíiòíîãî ïîëÿ åëåêòðîííîþ ïiäñèñòå-
ìîþ äæåðåëà. Äæåðåëî iîíiâ ïðàöþ¹ â ãåëiêîííîìó ðåæèìi (wci < w < wce < wpe). Äëÿ äîñëiäæåíü
âèêîðèñòàíî ñïðîùåíó ìîäåëü ïëàçìîâîãî Â×�äæåðåëà. Ðîçðàõóíêè ïðîâîäèëèñü äëÿ äâîõ êîíêðåò-
íèõ ãåîìåòðè÷íèõ ðîçìiðiâ ðîçðÿäíî¨ êàìåðè â ïðèïóùåííi çáóäæåííÿ ñèìåòðè÷íèõ ìîä ïðè äâîõ ðiç-
íèõ çíà÷åííÿõ òèñêó ðîáî÷îãî ãàçó � ãåëiÿ, âîäíþ. Äëÿ ðîçðàõóíêiâ îáðàíî ïàðàìåòðè äæåðåëà iîíiâ
iíæåêòîðà ÿäåðíîãî ñêàíóþ÷îãî ìiêðîçîíäó IÏÔ ÍÀÍ Óêðà¨íè. Ðåçóëüòàòè ÷èñåëüíîãî ðîçðàõóíêó
ïîêàçóþòü ðåçîíàíñíèé õàðàêòåð iíòåãðàëüíîãî ïîãëèíàííÿ Â× ïîòóæíîñòi â çàëåæíîñòi âiä çíà÷åííÿ
âåëè÷èíè ìàãíiòíîãî ïîëÿ ïðè ôiêñîâàíié ãóñòèíè ïëàçìè. Ãîñòðîòà ðåçîíàíñiâ çìåíøó¹òüñÿ ç ðîñòîì
òèñêó ðîáî÷îãî ãàçó. Íàâåäåíî òîïîãðàôiþ ðîçïîäiëó âåëè÷èíè ïîòóæíîñòi, ùî ïîãëèíà¹òüñÿ âñåðåäèíi
îá'¹ìó ðîçðÿäíî¨ êàìåðè, äëÿ ðîçãëÿíóòèõ âèïàäêiâ. Íà ïiäñòàâi êðèòåðiþ Áîìà çðîáëåíî îöiíêó çíà-
÷åííÿ ãóñòèíè ìîæëèâîãî åêñòðàãó¹ìîãî iîííîãî ñòðóìó.
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