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At present, a number of models are available describing the adsorption of a fluid in a random porous medium.
In this paper, some exact and analytical results are presented. All the results are obtained for an ideal gas
adsorbed in various porous matrices. It is shown that the calculations are not always trivial. In some cases of
complicated matrices, it is impossible to obtain any analytical results even for an ideal gas.
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1. Introduction

Porous materials have important technological applications such as molecular sieve, catalyst,
chemical sensor, etc. A thorough understanding of the structure of these materials as well as the
behavior of substances confined in them is very helpful in designing porous materials endowed with
specific properties. Much effort (both experimental and theoretical) has been devoted to the study
of porous materials. In their pioneering work, Madden and Glandt proposed a very simple model for
the fluid adsorption in random porous media [1]. A large number of investigations have been devoted
to Madden-Glandt model [1-82]. Recently, we have proposed some sponge-like models [31,32] and
a new type of templated matrix model [33]. All these models involve quenched disorders. Although
this makes such systems quite complex, some exact results can be still found. In the present paper,
I will give the exact results found for the adsorption of an ideal gas in a variety of models. In
the next section, I deal with Madden-Glandt model. In section 3, the templated matrix model of
Van Tassel will be considered. Our recent results for the hard sponge model will be presented in
section 4. In section 5, we also present our recent results for the new templated matrix model. The
concluding remarks are given in section 6.

2. Some general features

We start with the discussion of some general features of the adsorption of an ideal gas in a
matrix. The equations derived in this section are valid for any matrix model to be considered in
this work. The fluid is denoted as species 1 and the matrix is denoted in general by species O.
Since only an ideal gas will be considered in this work, the fluid-fluid interaction is always set to
be zero, i.e.,

Hyy = 0. (1)

In what follows we show that the fluid-matrix interaction potential for all the models considered
in this work can be written in the following form,

Ny
Hyy = Zvlo (ri;XM), (2)
i=1
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where N is the number of fluid particle and X is an abbreviated notation of the whole set of
variables needed for specifying the configuration of a given matrix realization. There can be several
subsets of variables completely specifying the matrix configuration, i.e.,

XM = (XX, XXX XXX X

For example, two sets of configuration variables are needed in order to describe the templated
matrices: one is needed for matrix particles and the other one for the template. In this work, all
the calculations are carried out using the grand canonical ensemble. The partition function for a
particular matrix realization is given by

- M N1 —BH - Zi\h M M
=X = Z N|/dr 1e=FH10 — Z 1 [/drlexp (—ﬂvlo (1‘1;X ))]
N1=0 N1=0
— o o [ aesexn [~ ()]} 8
where
eBr
21 = T:{’ , (4)

is the fugacity of the fluid. In equation (4), p; and A; are respectively the chemical potential and
the thermal wavelength of the fluid and 6 = 1/kT (k: Boltzmann constant; T: temperature). The
grand potential for a particular matrix realization is given by

01(XM) = kTInE, (XM) — KTz /dr1 exp {—ﬂvlo (rl;XMﬂ. (5)

Taking the average over matrix realizations, one obtains,

O = <Ql(XM)>M = fszl/drl (exp [—6v10(r1;XM)}>M
= —kTzV <exp [fﬁvlo (1'1;XM)}> ) (6)

M

where (---),, denotes the average over matrix realizations. When the matrix samples are statisti-
cally homogeneous, <eXp [—ﬂvlo (rl; xM )} >M is independent of ry. That is why the integration

over r; can be carried out in equation (6). The thermodynamic pressure is defined as

pP= ;VQ =kTz <eXp [—ﬂvlo (rl;XM)} >M. (7)

The one-body fluid distribution function for a particular matrix realization is given by

Ny
pﬁl) (r;XM> = <Z§(ri—r)> = 7:1 (;Nn Z /der _5H1°Z(5 ; — 1)
i=1 1 -

N10

Ni—1

exp {—ﬁvm (I‘; XM)}

oo Y
= =1 (qNo) NlZ:O o 1_ o (/ drs exp [_57)10 (I‘z;XM)})

21 €xp {—ﬁvlo (r;XM” . (8)

Averaging over matrix realizations, we obtain the following expression for the fluid density

P1= <P(11) (I‘§XM> >M =2 <€Xp [*5”10 (1‘; XM)} >M . (9)
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Taking the derivative of the pressure given in equation (7) with respect to the fluid chemical
potential, one verifies straightforwardly that Gibbs-Duhem equation holds, i.e.,

Combining equations (7) and (9), one obtains
P =kTp;. (11)

Although this equation of state has formally the same form as that for a bulk ideal gas, it will
be shown that p; is the averaged fluid density inside a porous matrix which depends on the matrix
characteristics.

For a particular matrix realization, the exact expression of the free energy of an inhomogeneous
ideal gas is well known as a functional of the fluid one-body distribution function,

S (xM) = /dr,ogl) (r;XM) V10 (I‘;XM) + kT/drpgl)(I';XM) {ln [A‘;’pgl) (I';XM)} - 1}.
(12

Using equations (4) and (8), one can rewrite the above expression as,

gid (XM) = kT (Bu1 — 1) /drpgl) (r; XM). (13)
The free energy averaged over the matrix realizations is given by
Fid — <%id (XM)>M = KT (B — 1) <p§1) (r;XM> >M V. (14)

Equations (11) and (14) clearly show that the determination of the thermodynamic properties

relies essentially on the calculation of the averaged fluid density in the matrix, i.e., < pgl) (r; XM ) > .

M

Different distribution functions give us the structural information. The fluid-fluid two-body
distribution function for a particular matrix realization is given by clearly

N, Ny
Py (r, r’;XM> = <Z > 6(ri —r)d(r; — r/)>
1

i=1 j=1,j#i
= Z% exp {—5 {'UIO (I“;XM> + v10 (I‘/; XM)H = Pgl) (I'; XM) Pgl) (rlé XM) . (15)
The averaging over matrix realizations leads to
2 2 1 1
o (e =) = (o (rrsXM)) = (o (X)) Y (X)) (16)

It is worth noting that no fluid-fluid correlation appears at the level of a particular matrix
realization [see equation (15)]. Nevertheless, the fluid-fluid correlation appears after averaging over
matrix realizations, i.e.,

2 2
pid (e =) # p}. (17)
The correlation results from the fluid-matrix interaction and the loss of detailed structural
information on the matrix related to the averaging over matrix realizations.

Now, we consider the correlation function of fluid with one set of matrix configuration variables
for a particular matrix realization,

Ny My Ny M,
pi (X X) = <ZZ6<ri—r>6(X§“ —X)> - <Za<ri—r>> > 5 (X" -x)

i=1 j=1 1 =1

= pgl) (r;XM) %(5 (ng) — X) (18)

j=1
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Taking the average over matrix realizations, we obtain

A%w=xn=@ﬁxnxxM»M:<9mmwﬂfﬁmg@=@> S
M

j=1

3. Madden-Glandt model

A. The overlapping hard-sphere matrix

The overlapping hard-sphere matrix model is sketched in figure 1. The interaction potentials
between different species (0 and 1 denoting respectively matrix and fluid species) are as follows:

HOO = 0, (20)
Hyp =0, (21)

N1 Ny
HlO:ZZulo (|ri_qj|)a (22)

=1 j—1

with
) i—q,| < 2’

wollrs — ;) = { o° b I (23)

oo in equation (23) is the diameter of the matrix hard sphere and q; denoting the position of
the j-th matrix particle. One obtains the partition function for a particular matrix realization by

No
replacing vyg (rl; XM> in equation (3) by > w1 (|r1 - qj-})v
J=1

No
=0 =om = [ |3 (n )| 1 @)
=1

The grand potential after taking the average over matrix realizations is as follows:

00 N
_ —kTz, 2o °
QO = —kT<1n:1 (qNU)>O = = Z No—o!/qu”/deeXp —ﬁzum (‘1‘1 —Qj|)
No=0 j=1
—kT 0 No 3\ No _kT 3
S N/d(v6) Jp{< 7;)} (25)
20 Nz Vo =20
where
ebBro

20 = Tga (26)

is the fugacity of the matrix species and = the partition function of the matrix which is given by,
oo
zoV)No
o= GV _ v, (27)

Substituting equation (27) into equation (25), we obtain

3
Q= —kTzVexp <_7T06020) . (28)
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Figure 1. Sketch of the overlapping hard-sphere matrix model.

The thermodynamic pressure is given by

_0 3
P = v = kTz1 exp (— Wagz()) . (29)

Now, we consider the one-body distribution functions. For a particular matrix realization, we
have

No
Pt (r;a°) = 21 exp =B uo (fr—q) |- 30
j=1

The fluid density after the averaging over matrix realizations is given by

) No . No
po= <P§1) (r;qN°)>0:% > jVOT'/quOeXp =683 wo (|r —q;)
. ~

™V No=0
> _No 3\ No 3
oz 2y _ mog _ _ TMojZ0
= = E Nol (V 5 > =2z eXp( 6 ) (31)

Now, we will show that this result for p; has a very appealing meaning. In equation (31), z; is
the density of a bulk ideal gas at the same chemical potential as the confined ideal gas (i.e., the gas
in a reservoir outside the porous medium being in equilibrium with the confined ideal gas). It is
easy to prove that exp (—ﬂagzo / 6) is nothing else but the probability that a fluid particle is in the
void space. This probability can be found by considering a given ideal gas particle (a point one) as
follows. If no center of any matrix particle falls in the sphere of a diameter equal to oy centered at
the position of the given fluid particle, the considered fluid particle is obviously in the void space.
This sphere will be called exclusion sphere. The probability of finding M matrix particles inside
the exclusion sphere, P.s(M), is a Poisson distribution in the case of overlapping HS matrix and

3
Poo(M = 0) = exp (—”gpo) , (32)

where pg is the density of matrix particles. Noting that zg = pg for the overlapping HS matrix,
we see that the density of the confined ideal gas is given by the density of the bulk ideal gas (in
equilibrium with the confined one) multiplied by the probability of a fluid particle being in the
void space.

Substituting equation (31) into equation (14), we obtain the following result for the Helmholtz

free energy,

F

7TO'3Z
7 = KT (B — 1) zrexp (— g 0) : (33)
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In terms of densities, the free energy takes the following form,

3
g = kTpl [ln (PlA?) + 7T_O'gp0 . 1:| . (34)

Now, we will discuss different joint two-body distribution functions. The fluid two-body distri-
bution function is given by

pn(e=r) = (o (ma™) o (vsa™))
2
= é—l Z /qu"eXp 52 uio ([r = a;]) + w10 (v’ — qy)]
20 2o NV
2 No
= = 2 NV Vel = e oV (e D), (35)
=

where Vg (Jr — 1'|) is the volume of a dumbbell with its two spheres centered at r and r’ respectively

and
Tos Tr(a:S—BUSx—&-ZJS’)

mo _ T TE00THA%) () < < g
de(l’) — 33 12 ) X X ) (36)
%, x> 0gp.

As for the one-body distribution function, the result given in equation (35) for p;1(|r — r’|) has
also a clear probabilistic meaning. 27 is the two-body distribution function of the bulk ideal gas
in equilibrium with the confined one and exp [—zo Vg (Jr — 1'|)] = exp [—poVap (|r — r'])] is nothing
else but the probability that the two considered particles are both in the void space. In this case,
the exclusion region is a dumbbell instead of a cavity in the case of one-body distribution. The
total correlation function can be obtained straightforwardly,

’ p§21) (|I‘ - I‘/|) 7T0(?)) ’
hi1 (v —r']) = 7p2 —1=-expq 2 =5 —Vap(r—=1'|)| p —1. (37)
1

The matrix-fluid two-body distribution function after averaging over matrix realizations is
given by

No
porlla—r|) = <p§“(r;qN°>Z<5<qi—q>>
— 0
= = /quOexp ﬁZulo ’r—q] Z(S

ONOO

_ Zle—ﬁu10(|r—q|) i Z(Z)Vo ( B 7_‘_0[9),>No—1
= — 1\
Eo =y (No = 1)! 6

= pop1exp [—Buio(|r —ql)], (38)

where equations (27), (31) and zy = pp were used in obtaining the last equality in equation (38).
The total matrix-fluid correlation is given by

pm<lq—r|>_1_{—1’ <la—r[<oo/2,

h —r|) =
o(la =) Pop1 0, lg—r| >00/2.

(39)

It is clear (see equation (38)) that the particles of the ideal gas are excluded from the hard
core of the matrix particle and distributed uniformly outside it. The matrix-fluid and fluid-fluid
correlation functions can be also obtained by using the diagrammatic method. Since there is only
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fluid-matrix interaction in the overlapping HS matrix, there can be only bonds between fluid and
matrix points. For the fluid-matrix correlation, only one diagram subsists,

hoi(la —r|) = coi(la —r]) = O, (40)

where the bond represents the Mayer function, i.e.,

f(lr = af) = exp [-Buso(|r — qf)] — 1. (41)

Equation (40) together with equation (41) give the same result as equation (39). The total
fluid-fluid correlation function is given by

hia (e —r']) = Q_._QJro:;o C@) .= exp O—.—O)fl. (42)

It can be easily checked that equation (42) gives the same result as equation (37). The direct
fluid-fluid correlation function is given by

611(|I'*I‘/D = ():::() C@ _hll ‘I‘*I‘D O_._O

exp {zo [6 —Va(r —r |)} } —1—2 [ng —Va(r —1'|)] . (43)

Equations (42) and (43) clearly show that only the blocked part gives no vanishing contribu-
tion, i.e.,

hai (v = x')) = Ay (Jr = r')), (44)

and
e (e =) =}y (e —r')). (45)

Therefore, any approximate theory in which it is imposed that h%,(jr —r'|) = c&,(Jr — r/|) = 0
does not make it possible to obtain the correct result for an ideal gas. The capability of recovering
the ideal gas result can serve as a criterion for judging the quality of an approximate theory. It is
to be pointed out that the well-know Percus-Yevick approximation (extended for confined fluids)
does not satisfy this criterion.

B. Hard-sphere matrix

The HS matrix model is sketched in figure 2. The only difference from the previous model is
that the matrix particles are not allowed to overlap. The interaction potentials between different
species are given by

Hyy =0, (46)
Ny No
Hyo = Z Z uoo(|a; — a;), "
i=1 j=1,j%#1
with
U00(|qz'—%'|):{ 8’0’ ?lzigj ;ng (48)

The fluid-matrix interaction potential is still described by equations (22) and (23)
The partition function for a particular matrix realization is given by

—~

Mo N()7T0'3
E1(q™) =exp |2 /dr1 exp —BZU10(|I‘1 — qj|) = exp {zl (V — 60>} . 49)
j=1
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Figure 2. Sketch of hard-sphere matrix model.

Q

In contrast to the overlapping HS model, the partition function obtained in Equation (49) is
in fact independent of matrix configurations. Thus, we have the following:

<Q(qNU)>O = Q(qM°) = —kT'InZ, (q™).

P=—=kKIz 1-— 80
= = 21
wnere

),
Po

(51)
5
o (
and

Then, one immediately finds the following expression for the thermodynamic pressure,

(52)
o N
= — Z i dg™Noe—FBHoo
—0 NO' q )
No=0

are respectively the density and the partition function of the matrix.

1 Z1 OOZ
p1::<p§)07qNW>U = D

= Ny!
0 No=0

following expression for the fluid density inside the matrix,

(53)
The one-body distribution function for a particular matrix realization has exactly the same
expression as that given in equation (31). Taking the average over matrix realizations, we find the

No No

0 Ny ,—BH

0' /dq [P 00 exp —621U10(|r_q]|)
i=

(54)
At first glance, it does not seem possible to work out analytically the integral on the right hand
side of the second equality of equation (54). However, it is worthwhile noting that the effect of

in the integrand is just to exclude a spherical region (denoted by V.(r)) with a radius equal to
00/2 centered at r from the integration domain of each q;. Thus, equation (54) can be rewritten
516
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as follows:
oo No
z 2 _
pr = ;2 ]30, /dql—/ dq, /dq2—/ day | ... /quo—/ dqy, [e 7
No=0 v Va(r) v Va(r) v Ve(r)
No(Ng — 1
/quO—No / dql/quO_l—&-io( 20 )
14 Vo(r) v

dqz/qu°‘2+--- e Hoo

Todp
= dqpo + 5 / dq, / dazp$y) (lay — asl) +--- | = =1 (1 - go) . (55)
Ve(r) V (r) Ve(r)

The expansion on the RHS of the third equality of equation (55) involves successively

P((Jg.),.o(%? dg,---,4,). For the HS matrix model under consideration, all the terms containing
P(()T(;,)__o(%: dy;---,4,) with n > 2 have a vanishing contribution since the integration domain (which

has the volume of V,(r)) cannot contain two and more hard spheres of a diameter of og. The
Helmholtz free energy has the following expression in terms of p; and py,

F A3
— =kTp; lnpligl,
Vv 1—mogpo/6

(56)
It should be noted that the Helmholtz free energy for this model cannot be expressed in a closed
form in terms of u; and pug.
The fluid-fluid two-body distribution function after averaging over matrix realizations is gi-
ven by

pu(jr—r')) = < ) (r;q )p(l) (r’;qN0)>

=

> 3k e {53 o e =)+ o ¢ - o)

j=1

él]‘ IS

-4 i ol /qu° — No / dgq /qu“*l
S0 &=, No! !
0 1% de(|r—r’|) 174
No(No — 1) da, / dq2/qu072+.“ o—BHoo
2
Vap ([r—r’]) Vap (Jr—r’|) Vv
2 m o, L (2)
= 21 [ 1=poVap (Ir —1'|) + 3 dq, daypgg (91,92) | » (57)
Vap (Jr—r'|) Vap ([r—r'|)
where
1 o0
2 _
oo (ay,ay) = = Z (]\77_2/01(1% 2 oo, (58)
20 oo o
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is the matrix-matrix two-body distribution function. In equation (57), a technique similar to the
one used in equation (55) is used to remove

No

exp —ﬁz [uro (|r — q ) + w0 (v — a;1)]

Jj=1

from the integrand by modifying the integration domains. In the present case, the exclusion region
is a dumbbell with the two spheres centered at r and r’ with centered at r and r’ with a volume of
Vap(Jr — r'|). The the term of three-body distribution function for the HS matrix model since the
exclusion volume, Vg (|r — r'|), cannot contain three and more hard spheres.

The matrix-fluid distribution function after averaging over matrix realizations is given by

No
por (lq—r|) = <p§1) (r;a™) > 6 (q- qi)>
i=1 0

=0

7 0o ZNO No No
== > Nofo,/qu“eﬁH“‘) exp | =B ui ([r—a;|) | D d(a—a;)
No=0 : j=1 i=1

_mep[fun(r—a)] S 20 [ v s 3
- o Z (No — 1)! 1 © exp _52“10 (|r—qj|)
N():O j:2
_ z1exp [—Puso(|r — q)] i 7"
= (No — 1)!

No=0

% /quo*leﬁHoo _ (NO _ 1) / dq2 /quo*2eﬁH00 R

\% Ve(r) 14
= 2 exp [~ Buo (Ir — a)] | po / dazp (a0, 05) | - (59)
Ve(r)

The expansion in the fourth equality of equation (59) truncates itself beyond the term of

pé%)(q, q,). For the HS matrix model, we cannot find entirely analytic expressions for different

two-body distribution functions since we do not know the exact analytic expression of a HS fluid,

poe (a, ).

4. Sponge models

A. Random hard sponge model

A sketch of the random hard sponge model is shown in figure 3. Recently, Zhao, Dong and Liu
[31] have shown that the fluid-matrix interaction potential for this model can be described by

Ny
Hy = Z vio (ri;q™), (60)
i=1
where
No
N 5 3 wnoffria )
vio(ri;q°°) = —kpTIn |1 —e 9= . (61)

518



Fluids confined in porous media: An ideal gas in different matrices

uo(|r; — qj|) in equation (61) is the potential given in equation (23). The other interaction po-
tentials are specified by

Hgyo =0, (62)

Hii = 0. (63)

2~

Figure 3. Sketch of the random hard sponge model.

The partition function for a particular matrix realization is given by

[1]

() = exp{z1 / dry exp [—Gvig (rl;qNo)}}

No
exp | 21 /dr1 1—exp —ﬁZulo (’rl —qj|) . (64)
j=1

It should be noted that the partition function in equation (64) can be rewritten as

N E]13ulkIG
El(q 0) = —IG/OHSM ) (65)
=1 / (g™o)
where
E]fulkIG — ezlv’ (66)

is the partition function of a bulk ideal gas and EllG/ OHSM(qNO) is the partition function of an
ideal gas in a particular realization of an overlapping hard-sponge matrix [see equation (24)]. We
obtain the following expression for the thermodynamic pressure,

kT 3
P = Tr (mEi(a")), = kaTz {1 —exp <MGCZ°>} — pBuIKIG _ pIG/OHSM  (7)

where

PBUKIC — g7y (68)
is the pressure of a bulk ideal gas and P'G/OHSM g the pressure of an ideal gas confined in an

overlapping hard-sponge matrix (see equation (29) for its expression).
1 1)IG/OHSM
Pt (r;a™°) = 21 exp [ Buig (r; g0 ] = PG — p{IIET O (1, g ) (69)

where
pll?mlkIG = 2, (70)
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is the density of an bulk ideal gas and pgl)IG/OHSM (r;q™V0) is the one-body distribution function of

the fluid for a particular matrix realization given in equation (30). Taking the average over matrix
realizations, we obtain

1G/OHSM
pr = 21 {exp [~Buio(r; g™°)]), = pPukS — i/ , (71)
1G/OHSM . . . . . .
where p; is the density of an ideal gas confined in the overlapping HS matrix whose ex-

pression is given in equation (31). The Helmholtz free energy has the following expression,

F FBulkIG FIG/OHSM
v v v

(72)

where
FBulkIG

7 = kT(Bur = a1, (73)

is the Helmholtz free energy of a bulk ideal gas and F'G/OHSM ig the Helmholtz free energy of an
ideal gas confined in the overlapping HS matrix [see equation (33)]. In the above, we have seen
that several thermodynamic functions, e.g., pressure, density and free energy, can be written as a
contribution of a bulk ideal gas minus that of an ideal gas confined in the overlapping HS matrix
[see equations (67), (71) and (72)]. Nevertheless, it should be pointed out that such decompositions
hold only when these thermodynamic functions are expressed in terms of chemical potentials, i.e.,
w1 and pg. In terms of p; and pg, we have

P =kTp:, (74)
and
F pilf

None of equations (74) and (75) has a form which can be decomposed into the contribution of
a bulk ideal gas and that of an ideal gas confined in the overlapping HS matrix.

The fluid-fluid two-body distribution function averaged over matrix realizations is given by

I1G/OHSM
pru(r =) = (ot (m:a™) oV (1'3a™) ) = 2 — 221 (VO M s q™))

G/OHS G/OHS
- (1O ONIN (g g oy D1/ M(r’;qN”)>O

=2 - 221p11G/OHSM + PE/OHSMUI‘ —r|) =27 {1 — 27 520/6 | e_zovdb(h_r/')} , (76)

where Vg (Jr — r'|) was given in equation (36).

The fluid-matrix two-body distribution function averaged over matrix configurations has the
following expression,

No
por(la—r|) = <p§1)(r;qN°) PICE qz-)>
=1 0

N() NO
= <plf“‘“G > d(q - qi>> - <p§”IG/OHSM<r; a™) > (g - qi>>
0 i=1 0

i=1

_ p]lgulklc;p(])gulklg _ pIO?/OHSMGq . I'D = 202 |:1 _ e—ﬂ'agzo/f)'e—ﬁumﬂq_r\)} i (77)
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B. Soft-sponge model

Recently, Dong, Krakoviack and Zhao have proposed a soft sponge model [32]. A sketch of this
model is presented in figure 4.

We consider here the simple case of a soft-sponge matrix with totally randomly distributed
cavities. The fluid-matrix interaction potential is

Ny
Hyg=¢eY 0 (ri;q"), (78)
=1

where the generalized Heaviside function is given by

No
-0 3 wnlr—a, )
1=

0 (r; qNO) =e (79)

u1o(|r — q|) in equation (79) is the potential given in equation (23). The partition function in the
grand canonical ensemble for a particular matrix realization is given by

[1]

1<qA%>::exp{21j/dr1eﬁf“f“qN°> : (80)

O

Figure 4. Sketch of soft sponge matrix with a solid medium (represented in grey) permeable to
fluid particles (small circles).

The grand partition function for a particular matrix realization is
Q1 (V) = —kTIn =, (qV°) = kT2 / drjefe0(riza”™), (81)
Averaging over matrix realizations, we have

Q= (2 (q™°)), = —kT= / dry <e*ﬁ€9(r1%qNO)> : (82)

0

To be able to carry out the average in equation (82), we rewrite e=B20(r1:a™) i the following
form,

e P0(ria™)  _ 1 geg (ri;q™) + % [Be0 (1[‘1;qN0)]2 - % [,660(r1;qN0)]3 +--

L4 0003 q™) |~ + 5992 - g5(32) + -

= 1+ (e P -1)0 (rl;qNo). (83)
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When going to the second equality of equation (83), the following property of Heaviside function
was used,

[0 (r1;a™)]" =6 (ri;0™) (n=1,2,3,...). (84)

Substituting equation (83) into equation (82), we obtain
Q=—kTz {V + (e P — 1)/dr1 (0 (ri;4™)), | - (85)

The average of §(r1; q™°) over matrix realizations can be carried out analytically in the case of
totally randomly distributed cavities.

No
1 X Vo —ﬁz¢10(|1‘1—q]~|)
Bria™), = o > 0 [date
No=0
oo N
1 PG 703\~ _mofezo
= EOZ N <V6 =e o . (86)
No=0

Substituting equation (86) into equation (85), we obtain
noyz0
Q=—kTx»V [1 +(ePe—1)e 6 } . (87)
Then, we immediately obtain the following result for pressure,
0 nodyz0
P:_V:szl [1—1—(6_55—1)6_ 6 } . (88)
The one-body distribution function for a particular matrix realization is given by

PV (r5q™0) = 210 70(m9™0) = 2 14 (e = 1) 0 (r1;0™)] - (89)

The averaging over matrix realizations leads to
7\'03 z
o = (pf" (r;qN°)>O =2z {1 + (e 1) 0] : (90)

The Helmholtz free energy has the following expressions,

F w342
V= ET (Bpr — 1) 2 [1 + (e —1) e e 0} 7 (91)
and
F p1 A3
7 = kT [m T (e~ 1) e (92)

Unlike in the hard sponge model, the mean potential energy in the soft sponge model is non-zero
and is given by

1 S _
B = (Hio)) = <~<N> i ] 0 e ﬁH1°> (= [anoes @™ i)
Z1\q N.=0 1- 0 0
7rc73 Z
= efef* /drl (0(r1;0™)), = evzie™*e” Ca (93)
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The fluid-fluid two-body distribution function is given by
A7 (e=r) = (oY (ria >p§1><r';qNo)>0
= ZA(l+ ( =1)0(r;a™) + (e
+ (e =1)" 0 (:a™) 0 (:a™) )
= A1+2( -1 <e< o)) (€7 =1)7 (0 (r:a™) 0 (50 ™)),
)

= 22 {1+2( P ) o + (e 55—1)2eZOde(”’I)}, (94)

E-1)0(a™)

where Vi, (v — r/|) is the volume of a dumbbell whose expression is already volume of a dumb-

bell whose expression is already given in equation (36). The result for the matrix-fluid two-body
distribution function is

No
) (e —al) = <p§”( )Zé(qjq)>
0

j=1

_ < [H<e-ﬂf—1>e<r1;qNo>]ié<qj—q>>

7\'0'3 z
= 2 {po + (e77° —1) zpe™ @ Oe_ﬂ%l(q_')} . (95)

It is straight to check that all the above results reduce to those of the hard-sponge model, i.e.,
the results given in the last subsection.
5. Models of templated matrices
A. Zhao-Dong-Liu model

The sketch of the templated matrix model proposed by Zhao, Dong and Liu recently [33] is
given in figure 5. Starting with a primitive matrix (e.g., a Madden-Glandt matrix), one builds the
templated matrix by piercing some spherical cavities in the primitive one (see figure 5).

o_0 0209 o o0 0009
® ° .. (] Qe .. removing matrix " ° ..
. ! particles in cavities
o220 ° s
g '0.‘ . ...00 o
X I A ° bt
o 9% 0o o9 o
® 000 e 0 00

Figure 5. Sketch of Zhao-Dong-Liu model of templated matrices: matrix particles represented
by black spheres and cavities represented by grey empty spheres.

Here, we consider the simplest case of the above templated matrix in which the matrix particles
and the cavities are distributed completely randomly, i.e.,

Hy =0, (96)
and
Hyog =0, (97)
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where the index 0 denotes the matrix species as before and the index 0’ denotes the cavity species.
We denote this templated matrix as RHS/RC matrix (random HS with random cavities). The
fluid-matrix interaction potentials is given by

N1 Ny
Hio =) % wiollri — qj|)6(q;; QY"), (98)
i=1 j=1
where
Nol
0(aj; Q™) = exp Zuow 4 = Qkl)| (99)

is a generalized Heaviside function which is equal to 1 when q; is outside a cavity and to 0 when
q; is inside a cavity (Qu specifies the position of the center of the k-th equation (23) and wugo is
given by
00, |a; — Qx| <oo/2,
woor (| — Qul) = (100)
0, la; — Qx| = 00r/2,

where og/ is obviously the cavity diameter.

First, we describe some quantities characterizing the empty matrix. By the construction of the
model, some matrix particles are removed (those falling in cavities). Thus, the matrix particle
number fluctuates in different matrix and cavity realizations. The matrix particle density for a
particular cavity realization is given by

1 o0
P(()l) (a; QNO/) = <Z5 Qz,QN"' > = EOJ\,Z Ni/quOZ(; )0(ai; QN)
0 0=0
No

_ a(quNU') o0 ZO No—1 __ . NU’ o~ . N.,
- = NZ:o Mo -1~ 0@ Q) = poblas Q7). (101)

—0

where pg is the density of the primitive matrix. In the definition of pél)(q; QNo') given in equa-
tion (101), we must multiply d(q; — q) by 6(q;; QNo') so that the matrix particles falling in a
cavity are not counted in the calculation of matrix density. Equation (101) clearly shows that the
one-body matrix distribution function in the templated matrix for a particular cavity configuration
is equal to zero inside the cavities and to py elsewhere, which is precisely what one can anticipate
for this model. We obtain the mean matrix density by taking the average of p( )(q; QM) over
cavity realizations,

po = <pél)(q; QNO/)>O, = po (0(a; Q™)) » (102)
where
1 N Ny
. ONo _ o’ Ny
<0(q7Q 0 )>0/ - EO/ NOI / Q 0 exp 62’“00’ |q QJD
NO’ =0
oo Ny, 3 Ny
_ :1 Z j\(;,o (V _ W%O/) 0 _ e—TrO'g,Zo//G. (103)
=0 N, =0 ot

Substituting equation (103) into equation (102), we finally obtain,
po = foe P/, (104)

The result given by equation (104) has an appealing physical meaning: the average matrix
particle density is given by the product of the density of the primitive matrix and the probability
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of a matrix particle not falling into a cavity. It should also be noted that the density of RHS/RC
matrix is given by the same expression as the one for the fluid density in a RHS matrix [compare
equation (104) with equation (31)].

Then we calculate the matrix-matrix two-body distribution function. For a particular cavity
realization, it is given by

Ny Ny
pSe) (a,a'; QM) <§: > 6@¢—q%ﬂqy—d)G@ﬁQNﬂﬁ(anNﬂ>
i=1 j=1,j#i 0
1 o QLN / Ny No
= > o> d(a q; —q)0 (a5 Q") 0 (a;; Q™)
~ No= 0 i=1 j=1,j#1
; NO’ 9 /; NU’ e ZNO _
_ 0(q; Q ):(q Q™) Z 0 yNo—2 :zSH(qQNO’)G(q’;QNO)
o (No — 2)!
No=0
= 30 Q™) = o (@ Q) (o' QY). (105)
The averaging over cavity realizations leads to
i (la— 1) = (Pl (@, QY)) = 78 (0 Q¥)0(a’: Q")) (106)
and
1 OO o Mo
<9(Q; QNO)G(Q';QN°)> == O/ / dQ™" exp 52 oo (| — Q| + oo |d” — Q)]
0 - NO/ =0 =
9] N'
1 ’ ’ — —q’
= 2, 2 LV —Vala— ) = e elad)
=0 N()
Nyr=0
= e roVa(la—a’) (107)

where V(g — d'|) is the volume of a dumbbell formed by two spheres with a diameter of o
located at q and ¢ (see equation (36) for its expression). Substituting expression). Substituting
equation (107) into equation (106), we obtain

pOO (|q q D — er_)Uo’de”q qa D (108)

The above result has also a very appealing physmal meaning. p (|q d’|) is given by the two-
body distribution of the primitive matrix, i.e., 53, multiplied by the probability that none of the
two points (at q and q') falls into a cavity.

The matrix-cavity two-body distribution function for a particular cavity realization is given by

No Ny
pf)?f(QvQ?QNO/) = <ZZ§ qz,QNO') (QJ_Q)>
i=1 j=1
Ny ’
= <Za 0 (a:: Q") > > 0(Q; -
04=1
N()/ Noyr
= p? (@ Q) D 6(Q; - Q) =pof (@ Q) D 5(Q,— Q). (109)
j=1 j=1

Taking the average over cavity realizations, we obtain

Ny
tﬁmq—Q)=m<ﬂmQ%02)@h—Q», (110)
j=1 0
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where
ND’ 1 [’} ZNO, NO’ NO’
<9(q;QN°’)Z5(QjQ)>: > v ,/dQN"’ZMQrQ)eXP —B> oo (g — Qi)
j=1 0 ¥ Ny=0 0" j=1 i=1
~Bugy (la-Ql) 2 Nor Ny
e " 2y / Ny —1
= — QY exp |5 uow(la - Q;
=0 N/Z:O (NO/ - 1)' ; 00 (| 7’|)
0
B e—Buoo (la—Ql) i Zé\//o’ (V 7.(.0.8/)]\70’1
Eo Ny =0 (N()/ — 1)' g
— Zo,e—ﬁuoo’(|q—QDe—7"02/20//6 — po,e—ﬁuoo’(|q—Q|)e—T“72/PU//6_ (111)
We finally find
~ —Bupnr — —703, por
P (a = QI) = fopoye™ o0 (9= QDm0 /6, (112)

Now, we proceed to the calculation of various properties when an ideal is adsorbed in the matrix.
The partition function for a particular matrix and a particular cavity realization is given by

oo ZNI
=@, QY) = Y A / dr™i e~

o Ny!
Ny
> ZNI No
Ny
- Z J\lfll /drexp —6Zu10(|r1—qj\)9(qj;q o)
N1=0 =1
No
= exp z1/dr1exp _6Zu10(|r1_qj‘)a(qj;QNol) ) (113)
j=1

For this model, we need to carry out the averages over matrix and cavity configurations. We will
perform these averages in two steps, first over the matrix configurations and then over cavity
configurations. The averaging over matrix realizations leads to,

2 QM) = —kT(nZ; (¢, Q)),
—kTz o= 2o Mo
= =y N / dq™ / dryexp | =8 uio(lr: — q;])0(q;; Q)
- No=0 ’ j=1

— TZl

=0

/drl exp {zo /dth exp [—Buo(|r1 — a1])0(ar; Q)] } . (114)

The average over cavity realizations is more involved. With the help of the property of the Heaviside
function given in equation (84), we first rewrite the integrand on the RHS of the third equality of
equation (114) as,

exp[—Buio(|r1 — a1])0(ar; Q') = 1 — 0(ar; Q') + 0(aqi; Q™) exp [~ Buio (Jr1 — au)] . (115)
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Using equation (115), we can rewrite the integral over q; in equation (114) as

/dq1 exp[—Buio (Jr1 — ai]) 0 (ai; QY )] =V — /dq10 (q1; Q")
1%

/dQ19 a1; Q™) exp[—Buio(|r1 — ail)]
%

=V—V/dq19(q1;QN0')+ /dq1_ / dq; | 6(qi; Q™)

4 Voo (r1)

/ da10(qy; Q).

Voo (r1)

With the help of equation (116), equation (114) is simplified to

Ql(QNO’) :—szl/drl exp | —zo / dq19(q1;QN0/)

Voo (r1)

Now, we proceed to perform the average over the cavity realizations,

Q= (0 (QY)), = —k‘TZ1/dI‘1 <€Xp —20 / dq16(aq1; Q") >

Voo (r1) o’

To continue the calculation, we expand the exponential on the RHS of equation (118),

)IW

(116)

(117)

(118)

M

[ee} Noyr (ZO
Z/
<exp -2 / dq:6(q:; Q') > ]\(;0/ /dQN"’ / da;0(qr; QNo')

Voorn) 0’ Voor1)

(119)

It should be pointed out that the analytical result cannot be obtained for the above expression in
the general case of an arbitrary value of oy. Nevertheless, here we show that a close result can be

obtained when o is infinitesimal, i.e., 0o — Jg. In this case, we have

/ dg:10(q; QY)| =
V.

ao(r1)

/dq1 / dgs .. /qu[ﬁ(ql;QNO’)G(qz;QNO’)---9(qM;QN°’)}

Voo (r1) Voo (r) Voo(r1)

7TU3 M
= [Vm(rl)e(rl;QNO’)]M:9(r1;QN0')(6°> ., (M=1,2,3,...).

(120)
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Substituting equation (120) into equation (119), we finally obtain,

<eXp —20 /
V.

dqi0(q:; Q™) > =

o0 (r1) o
o) . M o) Ny
(—20)M [ picd 1 25° / N N
=1 dQNo 0(qy; QN
+ A;1 M 6 Eo/ NZO NO/! Q ((h» Q )
= o=
3 /6 1 > Z(])VO/ WUS’ Nor 3 /6 3 /6
— 1 + (efﬂ'o'OZ() _ 1) — / (V o /> — 1 + <677TUOZO _ 1) 677‘-0’020 . 121
=0 NO/Z—O NOI! 6 ( )

Substituting equation (121) into equation (118), we finally obtain,

Q = —kTznV [1 T (ewﬁmm _ 1) T /6}
= kDAY [1 (7SO 1) om0 (122)
and N 3 3
P=-y == [1 + (e_mm/ﬁ - 1) e_mo’p‘“/ﬁ} : (123)

As one can anticipate intuitively, equation (123) reduces to the result of the random hard sponge
model [see equation (67)] in the limit of 3 py — co. The density and the diameter of the cavity in
the templated matrix model are pgr and o¢ respectively.

The fluid one-body distribution function for a particular matrix realization and a particular
cavity realization is given by,

No
Pt (1,00, QN = 2y exp | =B wao(lrn — a5)0(q;: QYY) | (124)
j=1

Again, first we carry out the average over matrix realization,

P, QY) = <p(11)(r1,qN°,QN"’)>O

T
—

(o] NO N()
z Z
= 2 g T\(}O,/dq% exp —ﬂg uro(|r1 — a;])0(a;; QN")
0=0 ) Jj=1

o No No
z Z,
= E—z Z ]\(;0! {/dql exp [—5u10(|r1 —Q1|)9(Q1;QN°')]}
No=0
= 5 exp {Zo/dcn exp [—Buio(r1 — q1/)8(ax; QNOI)]}
= z1exp |zo / da10(q1; Q)| . (125)
Voo (1)

To get the result in equation (125), equation (116) is used again. Now, averaging over the cavity
realizations, we obtain

pL = <{P§1)(1‘1,QN0>0,—21<6XP —20 / dQ19(Q1;QN°')> : (126)

Vo (r1) o
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Again we encounter the same quantity as that in equation (119). Only in the limit of the diameter
of matrix particle being infinitesimal, g — Jp, can we obtain the following closed analytical result,

=z [1 + (e_mg”O/G — 1) e_mgpo/(’} . (127)
The Helmholtz free energy is given by

F
— = kT
% P1

p1A} .
153 ) 6 |
14 (e w83 po/6 _ l)e TFUD/PU//

In (128)

We proceed now to calculate the two-body fluid-matrix distribution function. For a particular
matrix realization and for a particular cavity realization, we have

No

P8 ar ™, QN) = piV (1 g™, QN) S b(q; — q)0(a,; Q). (129)
j=1

The averaging over the matrix realizations leads to

a0, QN
7 aa™, Q)
1 o0
= 5 Z No —1 /qu°5(q1 — a)0(an; Q)Y (r;a™, QM)

210(q; QNO) exp[—Buio(Jr — q|)f(q; QVo")]
=0

No—1
X Z Ng—l {/dqwxp[ Buio(|r — qa|)0 (q27QNO,)]}

No=0
21200 (q; Q") exp[—Buso(Jr — q])8(q; Q)]
=0

No—1
cexp {0 [ dasexp [~ e = s @) |

P, q; QM) = <

1200 Q) expl—Buro (It — al)f(a; Q)] exp [—ZO / dazf(az; QY )]

z1200(q; Q') exp[—Buio(|r — q])] exp [—Zo/d%@(%; QNO’)] : (130)

In going from the fourth equality to the fifth one in equation (130), equation (116) was used
and from the fifth to the sixth, equation (84) was used. The averaging over the cavity realizations
now leads to

pi%)(r,q)Z<p§%)(r7q;QN°’)>0=zlzoe_ﬁ“1“('“q') <9(q;QN“/)eXp —29 / da20(qa; QN) >

Voo () o
M
=1
= z29e~ Prao(ir=al) <9(q;QNO') T | %0 / dq20(q2; Q") >
M=0""" v
oq(r) o’
M
= 21 29e Puro(lr—al) <9(q;QN0’)>O+<0 ; QM) Zﬁ —20 / daz6(qs; Q™) >
M=0 Voo (r) 0’
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~Buro(|r—al) Ny Ny Ny o 1 (=188 \ M
= z1zge” PMolirTa <0(q;Q 0 )>O +(0(q; QY )0(r; Q™) Z il ( ; >
M=1 ’ 0

— zuzge 70 0maD [(9(gs QY ), 4 (€77080/0 — 1) (pla QY )0(rs Q)

— 2y 26— Prolr=al) [o=705 201 /6 | (e—wéézo/e _ 1) e—zo/vdbur—qn} , (131)

Equations (103) and (107) are used to obtain the last equality of equation (131).
Now, we consider the fluid-cavity two-body distribution function which has the following form
for a particular matrix and a particular cavity realization,

NO’

plo (r, Qi a0 QYY) = pf (” a’, QNO/) 2.9(Q; - Q) (132)
j=1

Taking the average over matrix realizations, we have
Nol

P Q@) = (p0@ Qg™ Q")) = (o g, Q")) ZW - Q)

NOI
= zexp |—20 / da,0(q,; QM) ZaQ Q). (133)

Voo(r)

The averaging over the cavity realizations yields,

poE-Q) = (no@E@QM))

0/
00 Nyr
_ 21 ZO'O d Ngr—1 d 9 . Noyr
= = No — 101 Q exXp [ —%o a;0(q;; Q™)
=y 2~ Ny — D)}
o’ Voo(r)
M
00 Nyr [e%S)
21 ZL dQNolfl Z L — d 9( _QNOI)
= = Ny = 1)1 M 0 q:9(q1;
Zo (No -
Ny M=0 Vo (e)

= 2 |z + Z 71'(5020 Mo izév'w/dQNO/_le(r'QN“/)
R M' Ey 4~ (No —1)! ’
O/

M=0

—Bugy (Ir=Q[) =2 Nor 3\ Nor—1
3 e Y Oy
= 2 |20+ (e—ﬂ'5020/6 _ 1) — § 0 (V _ 0 )

=07 Ny =0 (Nol - 1)' 6

2120 |14 e ™00%0/6 (g~ m0020/6 _ 1)e*ﬁ“oo'<‘r*Ql>} . (134)

In going from the third equality in equation (134) to the fourth one, we take the limit of infini-
tesimal matrix particle limit, i.e., 09 — d¢. In the limit of 58’,20 — 00, equation (83) reduces to the
result of fluid-matrix two-body distribution function of the hard sponge model (see equation (77)).

The fluid-fluid two-body distribution function for a particular matrix realization and a partic-
ular cavity realization is given by

p P (r1,r050™0) = piM (215 a™0, QY ) ol (rg; N, Q). (135)
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Taking the average over matrix realizations, we have

10521)(1'1’1'23 QNO/) = <P§21)(I'171'2§QN0’ QNO/)>0

2
= /qu° exp 529 q;; Q™) Zulo(|ri —q;)
i=1

=o
N0 o
22 &, Mo 2 Mo
- £ 5 3 e | as@ St an
Y No=0 ’ i=1

2
= % exp {Zo /dQ1 exp [ﬂa(Q1§ QY)Y " u(|ri — Oh)] } - (136)
i=1

Using a technique similar to the one used in deriving equation (116), we straightforwardly
obtain,

- / /dq19 q1; Q), (137)

Vap (Jr1—r2l)

2
/d(ll exp l—ﬁe(qu Q™) > uro(lri — i)
i=1

where Vy(Jry — ra|) is the volume of a dumbbell formed by two spheres with a diameter of og
located at ry and ry. Substituting equation (137) into equation (136), we obtain

P11 (rir2; QNo) = 2 exp | —20 / dqi10(q; Q)| . (138)

Vap(Ir1—r2|)

Finally, we take the average over the cavity realizations,

0’

e —ral) = (p e QY)) =2 <exp 0 daif(ar; Q™) > (139)

Vap (Jr1—r2]) o

We were not able to analytically calculate the average in equation (139) for an arbitrary value of
|r; — ra]. In the limit of infinitesimal matrix particles and for |r; — ra| = 0, equation (139) becomes

P& ey — 12| = 0) Z lim <6XP —20

oo—9do

dg,0(q;; Q) >

Voo (1‘) 0’

— 1 + (efﬂ’(SgZo/G _ 1) 6771'582:0/67 (140)

where equation (121) was used in order to obtain the final result. Again, the result in equation (140)
reduces to that of the hard sponge model in the limit of 329 — oo (see equation (76)).

B. Van Tassel model

The construction of the templated matrix proposed by Van Tassel is illustrated in figure 6.
Since the matrix of Van Tassel model is generated from the configurations of an equilibrium fluid
mixture, the templated matrix thus generated is characterized by the matrix-matrix, Hyg, template-
template, Hog/, and matrix-template, Hgg., interactions.

531



W.Dong

T~ 009 O] . T 2 009 @ |
O:(S. } removing o .: }
L) 00

()0: .: .. template 0.. .:. ..
ooe o0 oo ..o 0:0
NOIY SN o oo oo

Figure 6. Sketch of Van Tassel’s model of templated matrices: matrix particles represented by
black spheres and template particles represented by grey spheres.

First, we consider the model generated from a binary HS mixture. In this case,

No Ny
Hoo = 3 Z > uoola: — ), (141)
i=1 j=1,j#1
0, la; —q;| < oo,
ugo(lai —qj]) = (142)
0, la; — q;| = oo,
NO/ NO/
Hyoy = 5 Z > uoo(1Q; — Q) (143)
i=1 j=1,j#1
00, Q: — Q| < oo,
upo (1Qi — Q;l) = (144)
0, Qi — Q;| = o0,
No NO’
Hoy = > Y uoo(lai — Q) (145)
i1 =1 i
00, lai — Q;| < ooor ,
ugor(|ai — Qjl) = (146)
0, lai — Q;| = ooor -

The fluid-matrix interaction is again described by equations (22) and (23) and we set the fluid-fluid
interaction to be zero since we always consider an ideal gas. Now, we see that the thermodynamic
properties of this model can be easily obtained but no closed analytical results can be easily
obtained for different two-body distribution functions. The partition function for a particular tem-
plated matrix realization has exactly the same form as that for an IG in a Madden-Gland HS
matrix, i.e., equation (49). Using equation (49), we find the following expression for the grand
potential averaged over matrix realizations,

k:Tzl X NN _ Nomod
Q — Z Z 0 ~0 _~0" /qug/dQNo/ ﬁ(H00+H0/0/+H00/) <V_ 0
|
No=0 Ng/ =0 NolNo'! 6
3
= —kTz <V — 7Tgo/dqlpo> = —kT»V (1 _ WJgPO) 7 (147)
where
= 323 Sy faa faq ey
No=0 N, =0 = 0°+'0"
is the partition function of the templated matrix and
: i i ZLZ(I)YO/ No—1 N Btk Hoyor+ Hoor)
Po = = /dq Ch /dQ e~ PHT00Tm Hol o7 T Hoo! (149)
=00/ No=0 Ng/ =0 (NO — 1)’N0/'
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is the density of matrix particles. The pressure is given by

-0 3
P= - =kl (1 - 7”60”0) . (150)

Although equation (150) looks formally identical to equation (51), the matrix density in these
two equations have different meanings [compare equations (52) and (149)]. Nevertheless, for the
same value of matrix density and the same matrix particle size, the thermodynamics of an IG
is the same no matter whether it is adsorbed in a HS Madden-Glandt matrix or in a Van Tassel
templated matrix generated from a binary HS mixture. We can also put this in another way. For its
thermodynamics, an IG does not see the structure difference between a HS Madden-Glandt matrix
and a Van Tassel templated matrix. The physical reason for this is that the thermodynamics of
an IG is uniquely determined by the volume of the pore space rather than by its shape. With the
same values of pg and oy, the shape pore space in the templated matrix is different from that of
HS Madden-Glandt matrix but the two matrices have the same pore volume.

The one-body fluid distribution function for a particular matrix realization is given by

N1 No
pgl)(r; q™°) = <Z d(ry —r)> = 21 €xp —ﬂZu10(|r—qj|) . (151)
i=1 1 j=1

The averaging over matrix realizations yields

_ 1) > _ 2 2020 AN
p1 <P1(a )00' = 2270-0-

—00’

/ dg™ / Qo e (Hoot Horor +Haor) exep ZUw Ir = qy1)

= Zo ZO’O N/
= dQ™o dq; — d dgs — d
= Z Z Ny / Q / @ / @ / q2 / a2

1% \ZN (r) 1% Voo (r)

X /quo_ / day, | e PHootHoo tHoor) = ) 11 — / dqipo
\4 Vco(r) Voo(r)

3
- <1 - 7”'60’)0) . (152)

The result for the adsorbed fluid density as a function of the fluid chemical potential is also identical
to that obtained for a HS matrix [see equation (55)]. The Helmholtz free energy is given by

pi1Af

=kTp; |ln ————— —
m [nl—WS’PO/G

(153)

<=

This result is again identical to that for a HS matrix [compare equation (153) to equation (56)]. All
these are the further evidence that the thermodynamic properties of an ideal gas confined in porous
media depend only on the accessible pore volume rather than on the pore shape or the structure
of the pore space. Therefore, at the same chemical potential, the pressure, the adsorbed density
and the free energy of an ideal gas are the same if the matrix packing fraction, i.e., 79 = mopo/6,
is fixed no matter whether the matrix is a HS one or a templated HS one.
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The fluid-matrix two-body distribution function averaged over matrix realizations is given by

(1) (1 Vo) S 5 o Punlir—al 220 oo T
—r]) = r;q° P — =" [ el VN
s (Ja — 1)) p(riq ); (a; —q) N = >N ™ 1)y
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j=2
_ ze~Punolir—al) —Buio(lr—q|) i Z 2! Zé\/fo/
’ — ! !
Zo0 No=0 No/=0 (No —1)!No/!
X /dQN"' /dQ2* / dqs /dCIS - / dqs
14 Vao(r) \4 Vao(r)

/quo_ / dqy, e~ B(Hoo+Horor+Hoor)
Vo (1)

= ze Puolr=ab | ;) _ / dqué%)(lq—qzl) . (154)
Voo (r)

In exactly the same way, we obtain the following result for the two-body fluid-template distri-
bution function,

P0’1(\Q—r|) = <(1) 25 > =2z1| por — / dQ1Po/o(|Q aif) | - (155)
00/ Voo (1)

The fluid-fluid two-body distribution averaged over matrix realizations is given by

(2) / ) (1) /s - ZoOZéY‘)’
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0= 0
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Vap(Jr—r’]) Vap(Jr—r’])

The two-body distribution functions given in equations (154) and (156) are formally identical
to those for an IG in a HS Madden-Glandt matrix (see equations (59) and (57)). However, it should

be noted that matrix-matrix distribution function, p(()%)(|q1 — q2]), in equations (154) and (156)
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is that for a HS mixture while that in equations (59) and (57) is that for an one-component HS
system.
Finally, we consider a Van Tassel templated matrix in which

Hy =0, (157)

Hyo =0, (158)

and Hyo is still described by equations (145) and (146). This matrix is generated by quenching
a Widom-Rowlinson mixture [83] and removing then one species (say species 0'). This case is the
closest to the RHS/RC model discussed in section 5.A. In this case, the partition function for a
particular matrix realization has the same expression as that given in equation (24). The grand
potential averaged over matrix realizations is given by

00 o) N,
—kT 2 Noz oo’

Z Z0 2
No!Ng/!
0=0 Ng,=0 00

Q = _kT<lnEl(qN0)>00'* =00
=00 N

No
X /qu"/dQN(l’e*’@HOU’/drl exp *5ZU10(\I‘1*%‘|) . (159)
j=1

I did not succeed in obtaining an analytical result in closed form for the grand potential in this
case. It seems that one should also recover the hard-sponge model from this Van Tassel’s model
(i.e., Hyo = 0 and Hy = 0) in the limits of op — 0 and pgo§ — oo. Since it is not even possible
to prove this in the case of an ideal gas, the above conjesture remains an open problem.

6. Concluding remarks

In this paper, the adsorption of an ideal gas in a variety of models for random porous media
is studied. When a matrix model is not too complicated, it is possible to obtain all the results for
thermodynamic functions, one- and two-body distribution functions in closed analytical forms. For
more complicated matrix models, even the study of an adsorbed ideal gas becomes quite difficult.
For example, analytical results in closed forms have been found for RHS/RC matrix (Zhao-Dong-
Liu model of templated matrices) only in the case of infinitesimal matrix particles. For Van Tassel
model of templated matrices, no analytical result has been found in the case that the matrix is
built from a Widom-Rowlinson mixture. The integral-equation theory based on Ornstein-Zernike
equations for the matrix models considered in the present paper is now available [1,31-33,37]. The
application of such a theoretical approach also requires approximate closures. A basic virtue of
any good approximation should be its capability of exactly recovering the results of an ideal gas
when the fluid-fluid interaction is set to zero. In this work, it is shown that the well-known Percus-
Yevick closure does not possess this virtue when it is applied to the fluids confined in a random
hard-sphere matrix. I hope that the compilation of the exact and analytical results for an ideal gas
adsorbed in the currently available various matrix models will provide a useful reference.
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dnoian B NOpncTUX cepenoBuLLax: iaeaNlbHUM ras B pPi3HUX
MaTpuusax

B.JoHr

JNabopaTtopia ximii, JlioHcbka BMLA HOpMasbHa Lwkona, PpaHuis

OTpumaHo 16 cepnHa 2007 p.

Ha paHwii yac € po3BUHYTI pPi3Hi Mogeni ana onucy agcopdbuji dnoiaiB y nopuctnx cepenosuilax. B uin
poB6OTI NpeACTaBEHO Aesiki TOYHI aHanNiTUYHI pe3ynbTaTi, OTPUMaHi oS iAeanbHoro rasdy B pidHUX Nopu-
CTux cepepoBuLlax. lNokasaHo, Lo po3paxyHKku He 3aBXAu € TpuBiabHUMK. B aesknx Bunaakax CKnagHux
MaTpuLLb HEMOXJIMBO OTPUMATU XOOHUX aHaNITUYHUX Pe3yNbTaTiB HaBITb ANS iAeanbHOro rasy.

KnouoBi cnoBa: nopucti marepianu, agcopboBaHi poign

PACS: 61.20.Gy, 61.43.Gt
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