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PEINNIEHUE YPABHEHUS KOMITAHENIIA IJIS1 YIAPHOT'O ®POHTA

B CPEJIE C INIOTHOCTBIO, U3BMEHSIOLIEVICS

110 3AKOHY I'MITEPBOJIMYECKOTI'O TAHTEHCA, (ITPOMEXKYTOYHAA
OBJIACTDH 1 B5BOJJIIOLINA B PEAJIbHOM BPEMEHN)

Ionyueno ananumuueckoe peutenue ypagnenus Komnaueiiya é niocko-cmpamuuyuposannoii cpede ¢ nIomHoCmsIo, U3MeHsI0-
welica No 3aKOHY 2UNepOOIULEeCKO20 MAHSEHCA, MOOETUPYIOUEMY SPAHUYY MOJIEKYIAPHO20 00aKA C MeXC36€30HOl cpedoll

(npomedicymounas obracmo yoapnozo ¢ponma). Ilonyyennoe peuleHue nos3gonsem nOCMpOUms NOIHOe peueHue, 60CCMaHo-
8UMb 6eCb YOAPHDLIL PPOHM U UCCTEO08AND €20 IGOTIOYUIO 8 PEATbHOM BPEMEHU NPU NPOU3BOTbHBIX SHAUEHUAX MPeX C80O0OHbIX
napamempos: nepenaoa niomMHOCMU, MAcumaba HeOOHOPOOHOCMU U NOJONHCEHUS, MOYKU 83DblEA.

Kniouesvie ciosa: 0CTaTKH CBEPXHOBBIX, MOJICKYILIPHBIE 00aKa, ypaBHeHHe Komnaneiina i ynapaoro ¢ppoHTa

1. Beenenue

B3aumopetictBue octatkoB cBepxHOoBBIX (OCH)
¢ MoJIeKyIsipHbIMH obiakamu (MO) npeacrasisieT
HWHTEPEC B CBSI3U C PA3TUYHBIMU (U3HUECKIMHU TIPO-
IeccaMu, MPOUCXOASIUME B 00JacTH B3aMMO-
neiictBus. biarogapsi CTOJKHOBUTENIbHON HaKayke
BO3HHKAET Ma3epHOE N3TyIECHHE MOJIEKYI THIPOKCHUIIA
u npyrux coenuHenuit [1, 2]. Ilepexonx F2 — F1
B ruapokcuie Ha dactore 1720 MI'm Bo3HHKAaeT
3a (DPOHTOM yIapHOU BOJHBI B Y3KOH 00JIacTH mapa-
MeTpoB IpHu B3aumoxeiictsuu ¢ MO (cm. [3, 4]),
Y HaOITIO/IEHUs] Ha 3TOW YacTOTe MO3BOJISIOT HETOC-
peactsenHo ob6HapyxuBatb OCH. Habmromaemoe
ramma u3nydenue ot OCH Ha rpanuue ¢ IioTHOR
Cpenoi MpeacTaBisieT UHTEPEC B CBSI3U C MpoOIIe-
MO TTPOUCXOKICHUS KOCMHYECKHUX JIydei [5].

HeomHopogHOCTE Cpeibl HETTOCPEICTBEHHO BIIHSIET
Ha (OpMy OcTaTKa U ero 3BONONHI0. M3yueHne Mop-
(oyoruu OCTaTKOB W WX OTIUYHE OT cepudec-
Kol (hOPMBI KaK B ONTUIECKOM, TaK M B paIHOINAIA30-
HE TIO3BOJISIOT JENaTh BBIBOABI O B3aMMOJICHCTBHH
OCH c¢ HeoaHOPOTHOCTSIMH MEXK3BE3IHON CpeJIbl
(M3C) [6-8].

Jns ormucanus B3zaumopekicteuss OCH ¢ HeogHo-
ponuoctssmu M3C, B wactHocTH, MO, ymoOHO uc-
nonb30Bath ypaBHeHue Kommnaneiina (YK), natomee
XOpollee KaueCTBEHHOE ONucaHue sipjeHus [9—-14].

B pabore [15] Obuto HaiileHO HOBOE pEILICHUE
YK an4 cpenbl ¢ IIOTHOCTHIO, U3MEHAIONIEHCA
T0 3aKOHY rurepOoImyeckoro TanreHca. [lomydenHoe
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peuieHre onuchiBaeT ygapHbid ¢gponT (YD) B 00-
JIACTSIX, MPUIETAIOUINX K €ro JUIUPYIOLINM TOUKaM.
Co cTOpOHBI pa3peKEHHON CpeAbl OHO OrPaHUYEHO
SKCTPEMAIIbHBIM ceueHrneM YO U ONHUChIBAacT HENu-
HEHHYIO BOJIHY, PacHpOCTPAHSIONIYIOCS B CTOPOHY
pa3pexeHHOH cpeabl. AHATOTMYHO B 00J1aCTH, IpUIIe-
rarouiei K Apyrou TUANPYOMIEH TOUKE, OHO OMUCHI-
BaCT HEJMHEHHYIO BOJHY, PACHPOCTPaHSIOUIYIOCS
B cTOpOHY Oonee mioTHOU cpensl. B [15] momyuenst
W MCCIICIOBAaHbI BBIPAYKEHHSI, ONMCHIBAIOIINE IBIKE-
HHE JTUIUPYIOLINX TOYEK PPOHTA, HCCIICIOBAHO YCKO-
penne YO mpu MajioM, HO KOHEYHOM 3HaUCHHH TUIOT-
Hoct M3C.

B nacrosmieii padote pabote, ABIsOMIEHCS TPO-
JOJDKEHWEM UM pa3BuUTHEM paboTsl [15], momydeHo
pewenne YK B mpomexyTouHol obnactu, B KOTO-
poli peanuzyercs uHTEpepeHIns 00erX BOIH. ITO
MO3BOJISIET IOCTPOUTD HOJTHOE PELLIEHHE, BOCCTAHOBUTD
Bechb YO U HMCCIEA0BaTh €ro 3BOMIOLMIO I IPOU3-
BOJIbHBIX 3HAYECHUH HE3aBHCHMBIX IapaMeTpOB — IIe-
penaja IoTHOCTH, MaciTada HEOAHOPOJHOCTH U MO~
JIO>KEHHUS TOUKH B3phiBa. [lomyueHHoe peneHue gaet
BO3MOXHOCTb HAlTH 00BbEM, OrpaHH4YEHHBIN OBEPX-
HOCTBIO Y@, U, COOTBETCTBEHHO, IEPEUTH OT “BpeMe-
Hn” Kommaneiilia, B KOTOpOM MOIYYEHO MPEabIIyLIee
pelIeHne, K pealbHOMY BPEMEHH, B KOTOPOM IPOHCXO-
AT dBoronusa Y.

2 YpasHenne Komnaneiina
JI1 TUNEPOO0JMYECKOro 3aKOHA
HW3MEHeHHUs TIOTHOCTH

VK 115 YO B HEOTHOPOAHOM Cpejie ¢ MII0CKOM CTpa-
TuUKanuen B0 OCH z UMeeT Buj [9]:
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2
or 1 ar

— +1(=0, (N
) o@

rae r=r(z,y) onuceiBaeT YO B HUIHHIPUUECKUX
KOOpAMHATaX Kak (QyHKI[MIO KOOPAWHATHI Z U “BpeMe-
un”’ Kommasnetiina y, paBHOTO

3neck Gynkums ¢(z) =p(z)/p, OMICHIBACT 3aKOH H3-
MEHEHHUS IIIOTHOCTH cpelbl; E, — aHeprus B3phiBa,
MIPOU3OIIEIIET0 B MOMEHT BpeMmenu t =0 B cpeme
C IUIOTHOCTBIO P, B Touke B3pbiBa; V(t) — 00beM,
3anuMaeMbii Y®; I" — mokazarenb agmadarsi;
A =2+3 — Oe3pa3mepHbil K03)ULINEHT, YIUTHI-
BaIOIIUI PONOPIIMOHAITEHOCTD TUNIOTHOCTH SHEPTUU
Ha (pOHTE yNAPHOH BOJHBI CPETHEH 110 00BEMY TUIOT-
HocTH Heprur. OCHOBHOE TIPEIIIONIOKEHHUE, 3AIT0KEH-
Hoe B (1), cocTouT B TOM, 4TO AaBiieHue 3a YO Ha
annabaTUyecKoil CTaguu pacIIMpPEeHUs TMOCTOSHHO
BJIOJTb POHTA. DTO MPEAIIOIIOKEHNUE OCHOBBIBACTCS
Ha TOM, YTO CKOPOCTh Y® OTHOCHTEIEHO YIIOTHEH-
HOW B3PBIBOM CpEJIbl MEHBIIIE CKOPOCTH 3BYKa.

B cootBeTcTBUUM C mpenwinymiei padoroit [15]
paccMOTpHUM 3aKOH M3MEHEHHs TUIOTHOCTU B BHIE

(puc. 1):
p(z) =p,[a—bth(z/2.)],

rae Z, — macmrad HeOoJHOPOAHOCTH cpenbl. llepe-
naj IIoTHocTy mpu nepexoae oT MO k M3C onu-

-b

CBIBAETCS IAPAMETPOM Y = P [15, 16]. Hanee Oy-

JIeM paccMaTpuBaTh Oe3pa3MepHbIe BEJMUYHHEI /, Z H ),
OTHECEHHBIC K Z,: Z/Z, > 7,1z, > T1,y/7, > Y.
JlaHHbBIN 3aKOH U3MEHEHUS INIOTHOCTHU, IPEJICTaAB-
JISTIOTIIAN COOO0 TIOJIOTYIO CTYTICHBKY, TIO3BOJIAET JI0-
CTaTOYHO TOYHO ommucarh nepexoq or MO xk M3C.

pﬂ

MO M3C

0 gz 2/Z4

Puc. 1. Pactipenenenne mIOTHOCTH cpefbl (Z, — IMOIOXCHHE

TOYKH B3pbIBA)
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BaxxHpIM sIBIISIETCS TO, UTO JUISI HETO MOXHO TOJY-
YUTHh TOYHOE pemieHne YK u nccienoBaTh 3BOIIO-
nuo YO.

OOmmmit maTerpan ypapHenus (1) MOKHO HAWTH Me-
TOJIOM TOCTPOEHMSI OTMOAIOIIEH YaCTHBIX PEIICHHH,
MIOJTY4EHHBIX METOJIOM pa3ieNieHHs IepeMeHHbIX [9]:

or Jd

r 2
Y a—z—i\/§ 9(2)-1, 2)
r = Jdx&%(x) ~1+8y +i, 3)

Zy

rae & — nocrosHHas pasieneHus, [l — MOCTOSHHAS
MHTETPUPOBAHMSI, KOTOPYIO Jajiee rmonaraeM (QpyHK-
nueii ot & u=w(&) [12, 13].

YcnoBue nmoctpoenus orudaromieit [17]

dr/d& =0 ()

npeobpasyer & B pynkuuio &=E&(z,y), koropas
C y4ETOM HavaubHBIX YCIOBHI JOJDKHA ObITh HaliTe-
Ha M3 yPaBHEHUS

7/z
e B0 d

w,
2,/2 \]& o(x)-1 dg

[oncrasnsas (5) B (3), moiryyaeM B mapameTpH-
YECKOM BHJIE BBIPOKCHUE JJIS PaUyca MONEPEUHO-
ro cedenns Y®, conepxkaniee GyHKIHI0O &, KoTOpas
JIOJDKHA OBITh MCKJTIOYEHA C MOMOIIBI0 COOTHOIIIE-
Hus (5):

j =g (6)
2 &‘P(X) 1

Pemenne comepuT aABE BETBU, CO 3HAKaMH “‘+°
u “—”’, KOTOpble OyyT MCIOIB30BaHBI IIPU OTHICKA-
HHHU NIOJIHOTO pemenus YK.

B kayecTtBe HawyaJdbHBIX YCJIOBUW CUMTAEM, YTO
npu Y >0 (t — 0), xorna pasmepst YO 3HaYNTEIb-
HO MeHbIIIe MacmTaba HeOJMHOPOAHOCTH TUIOTHOC-
TH cpelbl, pemeHue (6) MepexonuT B pelIeHUe
CenoBa ana onHopoaHO# cpensl [18]. B aTom ciy-
qae W(E)=0, a YO mpexncrasisier coboii chepy

Y5
paguyca R = (Eotz/po) \
JMHATaX 3TO COOTBETCTBYET YPABHEHMIO

B MUJIMHAPUYICCKUX KOOP-

r’+(z-z,)" = y° (7)
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3. Pemenne B 00JacTIX, NMpUIerarmmx
K JMIUPYIOIIMM TOYKAM YyIapHOro (poHTa

Pemenus YK B o0macTsx, mpuieranommx K JUIA-
PYIOIIUM TOYKaM, ObUTH TONy4YeHBI B [15]. B atmx
obnactax Gpyukuus W(E) Moxker ObITH BHIOpaHa
paBHOM HYJIIO PU MPOU3BOJIBHBIX 3HAUCHUIX y [12].
Kak BugzO 13 (6), B IUAUPYIOLUIMX TOUKAX PPOHTA Z;
u Z,, B KOTOpwIX r(z)=r(z,)=0, mocrosHHas
paszenenust § —>co. DTO CYIIECTBEHHO YMPOLIAET
aHaJIN3 BBIPAKEHHH, OMTUCHIBAIONINX ABHKECHHUE JTUIU-
PYIOIIHMX TOUEK, TAK KaK He TpeOyeTcst 3SHaHUsI (PyHK-
muu & [15, 16]. B obnacrsx, MPUJIETalOUUX K JIUIU-
pyromuM Toukam YO, &2 BEJIMKO, TaK YTO IOJBIH-
TerpaibHbIC BBIPAKEHHUS TTOJI0KUTEIbHBI:

Eo(x) 1. ®)

3Hak paBeHCTBA B (8) onpeesser rpaHullbl 001acTH
nmpuMeHnMOCTH pemmeHus pu L =0 [15].

Kak Ob110 n10Ka3aHo B [15], pemieHus B 001acTsx,
MPUJIETAOIINX K JIUTUPYIONIMM TOYKaM, MOXHO 3a-
MMCcaTh KOMITAKTHO, BBEJSl 0003HAYCHUS:

C, +k(z) C, —k(z,)
C,—k(z) C, +k(z,)'

k(z) =+/E*(a—bthz) -1,

C. =y(ath)E?-1.

Si(zvg) = (9)

Komnakrrast popma (9) ynoOHa; To, 4TO OTAEIb-
HBIE MHOXXHTEJIH MOTYT OBITh OTPHUIATEIbHBIMHU,
HE BIUSIET Ha OOIIMIA MOJOXKUTENbHBIN 3HaK S [15].

B obnacTu, npuneraromieii K TUAUPYIOMIEH TOUKE
Z,, ABwxkyencsa B cropony M3C [15],

1 (r -t
r(z;&):zln(S_CSf* )
(10)

& ab a-b
y(z;€) = Eln(s_C S, & )

B oGmactu, mprteraromieii K JIUIAPYIOMICH TOUKE
Z,, ABuxkyuieics B cropony MO [15],

1 (2t
r(z;&):zln(S_CSE )
(11)

_a-b atb
y(z;€) :%In(s_ ¢85 )
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IIpuBeneHHbIe pemeHus, B CHIy HepaBeHCTBa (8),
npu [L=0 ONMHUCHIBAIOT JIMIIb YaCTh MOBEPXHOC-
™ YO®. I TOoro 4ro0hl BOCCTAHOBUTH BeCh YD
Y UMETh BO3MOXKHOCTH MEPEHTH K PeaTbHOMY Bpe-
MEHH, HY>KHO HalTH pelIeHUe B TPOMEKYTOUHON 00-
macty, tae W #0.

4. IIpomexyTouHas 00JacThb

Pemenne a5t y v 7 B IPOMEXKYTOYHOM 00JIaCTH Haxo-
mures u3 (5), (6) mpu W #0. Pemenne Haxomures
W3 YCJIOBUS HEMPEPHIBHOCTH # HA TPAHUIIE 00JIACTH,
MpUiIerarole K Tuaupylomend Touke Z, (puc. 2).
Humxuss rpanuna 31oii obnactu Z =z, (Y) Takxe sB-
JIsieTcsl BepXHeil rpaHuielt MpoMeKyTOYHOM 00acTi
U COOTBETCTBYET IUIOCKOCTH, Iie paauyc Y® Mak-
CHMAJICH B JIAHHBIH MOMEHT BPEMEHU — Z, = Zgy,
(cp. [12, 13]). D10 cnenyer U3 BbIpakeHUs (2), eCIu
nipo i hepeHITMPOBATH €ro 10 Z ¢ y4eTOM ycioBus (4):

-2
Zor = Arth a bE)

IMoncrasnsas z,, B (10), momy4yaem BbIpakeHHE
JUTS ¥ Ha HUDKHEH TpaHuIle 00J1acTH, MPUIICTAIOIICH
K JTUANpYIOLIeH Touke Z, (puc. 2):

Puc. 2. Ynapueiii ppont. CrjioniHasi JIMHUS COOTBETCTBYET
00J1aCTSIM, MPUJIETAIOLINM K JIMIUPYIOIMM TOUKaM, ABHKYILIHM-
csl B CTOPOHY Bo3pacrtanus (Z;) u yObiBanus (Z,) IUIOTHOCTH,
MYHKTHPHAsI JJMHUS — MPOMEKYTOUYHOW 00JacTH, B KOTOPOi
W) #0; z, — rpaHua 0OIACTH, IPHUIIETAIOIIEH K JIHIUPYIO-
el Touke z,, Z_ — IpaHUna o0JIacTH, IPHIETarOeH K JIN/H-
pyrouieii Touke z;
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1 1

r(z +):lm C_—k(zo) | ( C, +k(z) |° |
extr+0/ o C_+k(zp) C, —k(zp)

(12)

JU11s1 TOro 4TOOBI HOTYYUTh BBIPAXKEHUE UIA [y, o,
COOTBETCTBYIOIIEE BEPXHEH TpaHUIE TPOMEKYTOU-
HOM 00J1acTH, BBIOMpaeM OTPULIATEIbHYIO BETBb Pe-

meHus (6) ¢ W#0 u moacraBusgeM Z,,

((Za0) =< In| | SHK(Z) Gk | "
072 € —k(z,) C, +k(z,)

+u—Eu. (13)

CornacHo yCIOBHIO HEMPEPHIBHOCTH IPU MIEPEXO0-
Jie OT 00JIaCTH, IPUJIETAIOIIEH K Z,, K IPOMEKYTOU-
HOM oOnactu [13] MOIKHO BBINOIHSTHCS YCIOBUE

r (Zextr+0) =r ( Zextr—O )

IMoxcraBnsasa croma (12) n (13), Mbl momydaem
00BIKHOBEHHOE T depeHInaILHOe YpaBHEHHUE TIep-
BOTO TOPSIZIKA, U3 KOTOPOTo HY*)HO Haiitu W(E):

1

e C_—k(z,) Y& ([ C, +k(z,) \&
e (c_+k(zo>J (q—k(zo)) |

Pemienue 5Toro ypaBHEHUs] MOXKET OBITh HAKHICHO B
KBaj[paTypax. 3amMedaTe’bHO, YT0, HECMOTPS Ha CIIO0XK-
HBIN BHJ IPABOH YacCTH, PEIICHNE MOKET ObITh BBIpa-
’KEHO B AJIEMEHTapHBIX (QYHKIHUSIX. MBI BOCIIONB3yEM-
Cd METOJIOM Bapuallii MPOU3BOJIBHOW MOCTOSHHOM.
Haxomum ob1ee perenne OTHOPOTHOTO YpaBHEHUS

1) =¢&C, (14)
Y YaCTHOE pelIeHUE HEOJHOPOAHOIO YPaBHEHUS
_§2dc_@ _ 1 G k() 1, Co+k(zg)
d C_ C_+k(zy) C, C,-k(z)
Torma
; 1

C(E)=—
O et

o J(@-b)&? —1—/(a—bthz,)&? -1 "
J(@-b)&% —1+/(a—bthz,)&% -1
314

; 1
- X
'([L’Z«/(a+b)&’2 -1

J@+b)&? —1+/(a—bthz,)&2 -1
xIn
J(@+b)g? —1-/(a—bthz,)&? -1

dg’.  (15)

WuTerpupys (15) o wactsim u noactasiss B (14),
MOCJIE HECTIOKHBIX, HO TPOMO3JIKUX ITPe0o0pa3oBaHmii
nonyuaem pyukiuo W(E), BRIpaXeHHYIO Yepes die-
MEHTapHbIE QYHKIHH:

@ =—c_InS==K) ¢y, Cotk(z)
C_+k(z,) C, —k(z,)
COOTBETCTBEHHO,
W)=

__&(a=b) In C- —k(z,) &(a+h) In S +k(z)
C. C_+k(zy) C C, —k(z,)

+

Ioxncrapmss W u W B (5) u (6), momyyaeM HUCKO-
MBIE PEIICHHs B TPOMEXKYTOUHOW 00JIACTH, KOTOPBIE
TaKKe MOYKHO 3aIlicarh KOMIIAKTHO, BBEIS 0003Ha-
YCHMS:

T =Ci+k(z) D =Ci+k(zo)

7 C, k@)’ ©Ca-k(zo)

r(z;&):%ln[(T__lD__l)c' (T+D+)Cl*:|’ (16)

& ab a+h
y(2:§)=§In[(T_‘1D_‘1)C (T+D+)Q:|.

[TpuBenem pemenust it 00nacTeil, MpuiIerarmmux
K JMOUPYIOUIMM TOYKaM, B HOBBIX OOO3HAYCHUSX,
YTOOBI YBUAETH CBA3h PEIICHUA:
B 00J1acTH, IpUWIEraolel K TUAupyoei Touke z,

1 » Ci B ci
r(z;§)=EIn|:(T_D_ ) —(T+ D+) :I
7)
S ah ath
y(Z:§)=§|n|:(T_D_‘1) (17D, )¢ }

B 00y1acTy, MpuJIeTaroeil K JIMAUPYIOEH TOUKe Z;
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1

D)(TD) ,

raa——m(
(18)

a+b

& a-b
y(z;€) = m( “'p)e (T,0:h)¢C

CpasHaviBast oTyueHHbIe Beipaxkerust (16) u (17), (18),
BUJIUM, YTO B OOJIACTSIX, TIPHJICTAIOIINX K JIUTHPYIO-
MM TOYKaM (GPOHTA, OHU MPENICTABISIFOT COOOH pas-

1 1 1 1
HOCTh, * (Ian+ —InD_% )—(Ian+ —InT_ & ) ,

B TO BPEeMs KaK B MPOMEKYTOUHOU 0OIACTH ABJISIOT-
1 1 1 1
csl CyMMO#, (InDﬁ ~InD_* )+(InT+C+ ~InT_* )
To ecTh ¢ poCTOM BpEMEHH pa3Mep MPOMEKYTOY-
HO¥ oOmactu OymeT yBelIMUYUBAThCs OBICTpEE, YeM
pasmep obiacrei, MPUIETAIONINX K JUIUPYIOIIUM

TOYKaM.
Ha HmxHel rpaHuiie mpoMexXyTOYHOH 001acTi U

obparaercst B 0 mpu (z_) = . Tloxcra-

1
JJa—bthz,
BuB £(z_) B (11) u (16) HETpyaHO YOEIUTHCS, YTO
9TU BBIPAXXCHUS PaBHBI ApYr npyry. To ectb, mpu
€ =& _ pelieHne HA HIKHEH MPAHUIIE IPOMEKYTOU-
HOU 00JaCTH MEePEXOIUT B pelieHue s 00IacTH,
Ipuileramlen K iuaupyomei Touke z,. Takum 06-
pa3om, Ha HIKHEH TI'paHHUIC TPOMEKYTOYHOH 00-
nactu ¢yukuus W(§(z)) HempepbiBHa, Torma Kak
Ha BepxHeil tepmut paspeiB (puc. 3) (cp. [13]).

5. BoccTaHoB/IeHHbIA yIapHbIA (PPOHT

Nmest nonnoe pemenre YK 11t IOTHOCTH Cpenbl,
CHa/aromiei o 3aKOHy THIEPOOIIMIECKOTO TaHTeH-
ca, COCTOSIIIETO U3 PelIeHui B Tpex 001acTsax — 00-
JACTSIX, MPUIIETAOINNX K TUAUPYIOIUM Toukam YD
(10) u (11), m mpomexxyTouHoi obmactu (16) — MbI
MOXKEM BOCCTAaHOBUTH BeCh Y.

DPOHT CTPOUTCS IO CXEME, UCIIOIB30BaHHOM B [ 15].
ITo 3a1aHHBIM 3HAYEHUAM & ¥ Z HAXOIUTCS COOTBET-
CTByIOIllEE UM 3HaueHue BpeMeHu Kommnanewnua y.
Obpariast 3TO COOTHOIIIEHHUE, MTOTyYyaeM BCIIOMOTa-
tenpuyto Gpyukuuo &(y,z). [Moacrasiss ee B BbI-
pakeHue I pajyca MoImepedHoro ceueHus GppoH-
Ta, HAXOAWM COOTBETCTBYIOIINE 3HAYCHHUS ¥ U UCKO-
My popmy YO.

BoccranoBuB YO, Mbl MOXKEM UCCIEIOBATh €ro
sBomonH0. OHON UX XapaKTEPUCTHK, OTIHCHIBAIO-
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Puc. 3. 3aBUCHUMOCTH OT KOOPAMHATHI Z BCIIOMOTATEIbHOMN

byukunn &(z) (@) u koHcrantsl uaterpuposanus [W(E(z)) (6),
NOCTPOCHHBIC YUCICHHO AJIsI 32laHHOTO 3HAYCHHUS BPEMEHH
Kommnawneiina y. [lyHKTUpHAs TMHUSI COOTBETCTBYET ITPOMEKY-
TOYHOM oOnacTn

HIMX DBOJIONUI0 YD, MOXKET CIYKUTh 3aBUCUMOCTD
OTHOIIEHHUS €T0 IONIEPETHOro pasmepa I(Z,,,, ) K mpo-
nonsHOMY (Z, —2;) ot Bpemenu Kommaneiina.

Kak 6pu10 OKa3ano B [15], 31ech ynobHo nepeii-
TH K HOPMHPOBaHHOMY BpeMeHn Kommanenna:

Y=y/y.,
\f V2 +. i—thz,
rne Yy, =
f J1-thz,
YO Ha 6CKOHEUHOCTH MPH CriaiaHuy ToTHOCTH M3C
1o uyias. IlpopsiB YO Ha GecKOHEUHOCTH 3a KOHEY-
HOE BpeMs IIPH CIIaJaHuH INIOTHOCTH CPEbI 10 HyJs
COOTBETCTBYET pe3yJIbTary, oiyueHHoMy Komnaneii-
LeM AJIS1 Cpefbl ¢ SKCIIOHEHIUATBHBIM 3aKOHOM H3-
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MEHEHUS IIOTHOCTH [9]. IIpn OTIIMYHO# OT HyJISI TIIOT-
Hoctn M3C npopsiBa HE IPOUCXOAUT, HO Ha BpeMe-
Hax Y =Y. (QpPOHT ycKopsieTcs, mpuobdperas MaKCH-
MaJIHO BBITSHYTYIO (OPMY U COXpaHss TaKUM 00-
pasoM BUPTYyaJbHYIO MaMsTh O popbiBe Kommnaneii-
na (puc. 4). O6nacte yckopenus: YO mpu cnajaHuu
wiotHOcTH M3C 10 Hyns ObUTA TETaNbHO MCCIIEA0-
BaHa B [15] mo ABMXKEHUIO TUAUPYIOLIUX TOUEK.

MOXHO BBLAENTUTH HECKONBKO (pa3 3BoONIOIUHU
¢ponra. Ha mansix BpeMeHax QPOHT pacimpsieTcs
pPaBHOMEPHO U IpeJCTaBIsieT coboii cdepy cornac-
HO HavajbHOMY ycioBHio (7). Ha Bpemenax, Onu3-
KHX KO BpeMeHH npopsiBa Komnaneiina, ppoHT Haum-
HAaeT BBITATUBATHCA BIOJb OCH Z, YTO COOTBETCT-
ByeT ero yckopenuto. [Tocie ¢a3sl yckopeHus: GpoHT
MTOCTETIEHHO NMEePeXOIuT B a3y TOPMOKEHUS, KOTAa
€ro MomnepeyHsIil pa3Mep CTaHOBUTCS OOJIbIIE TPO-
JOJIBHOTO.

[TonoxeHne TOYKH B3pbIBa CYLICCTBEHHBIM 00-
pasom BiuseT Ha popmy YD (puc. 5, a). [Ipu mamnbix
Z, B3pPbIB IIPOUCXOAUT B CPEZE € JOCTATOYHO OOJIb-
IIeH TNIOTHOCTHIO, a TaK KaK Ha HadaJbHBIX dTammax
pacmypenust (IpU MaibIX y U, COOTBETCTBEHHO, 1)
paauyc Y® cornacHo pemenuro Cenosa—Telnopa
3aBUCUT OT HAa4YaJbHOW IJIOTHOCTH, TO YEM BBIIIE
OyZIeT MI0THOCTh, TEM COOTBETCTBEHHO OYy/IET MCHb-
me paguyc YO®. Ilpu cMmenieHuH TOYKHM B3pbIBa
B CTOPOHY MEHBIINX z OyJeT N3MEHATHCA KaK Iepe-
Maj TUIOTHOCTEH, TaK ¥ Ha4aJbHas IJIOTHOCTb, IPU
aToM paauyc YO® cornacao gopmyie Cenopa—Teii-
Jopa OyIeT 3a TO e BpeMs CTAaHOBUTHCS OOJbIIE.

W3menenne mapamerpa 7Y, ONPEAETSIOUIETO Iie-
pernaj IIOTHOCTEH, COOTBETCTBYET U3MEHEHHIO Be-

V(Zextr)
(zy-2))
paBHOMEpHOE
15| pacmmpenme
TOPMOXCHHE
1.0
05 YCKOPEHHE | TIepEXON K
! TOPMOXCHHIO
. | , ,
0 0.5 1.0 1.5 2.0 Y

Puc. 4. 3aBCUMOCTb OTHOIICHHUS NTONIEPEUHOTO ceueHust YD
K HPOJOJIBHOMY OT HOPMUPOBaHHOTO BpeMeHH KoMmnaHeiina
(=1 ¥ ~107%, y_=197)
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Puc. 5. Ceuenne YO 1711 pa3HbIX IOJIOKEHNH TOUKHU B3pbIBA 7

(1-2,=05 2-12,=08 3 - 2z,=12) npu Y =0.86

" yz ~107° (@) v a71s1 pa3MUYHBIX 3HAYCHUH Mepernaa MIoTHOC-
teit v (1- y*~3.10%, 2- v*~8.107°, 3- v*~6-107)

npu Z;=1u Y =0.76 (6). [lyHkTupHas IMHUS — PaCCUUTAH-
Has (popma YO B mpoOMeXyTOUHOH 00IacTr

JIMYYH, OTMCHIBAIOIINX CPEIY, B KOTOPOH JABIIKETCS
YO (puc. 5. 6). llpenenbubiii cnydaii Y=0 (mpu
CIa/IaHNHU TUIOTHOCTHU J0 HYJS[) OTBEYAET MPOPBIBY
Y® na OGeckOHEYHOCTh 3a KOHEYHOoe Bpems [9].
[Ipy mManmbIX 7Y, OTIMYHBIX OT HYJS Ha BPEMEHax
MOpsIIKa BPEeMEHHU NPOpbIBa, y YO mosisercs 00-
nacth yckopeHus. C poctoM 7y 3Ta 00IacTh yMEHb-
[IaeTcst, TOKa MBI HE IPUXOJIUM K APYTOMY TIPEIEITb-
HOMY ciiydaro — Y =1, KOTOpBIil COOTBETCTBYET OT-
CYTCTBHIO TIepenajaa IJIOTHOCTH, T. €. OAHOPOAHOMN
cpene. B stom cinyuae YO Oyner mpenctaBisiTh
co0oii chepy.

TakuMm oOpa3om, BapbUpysl B MOJTYYSCHHOM pelie-
HHU CBOOOAHBIC MapaMeTpsl (Y, Ap U Z,), MOXHO
B IMPOKHX NPeJIesiaX MOJICITUPOBATh Pa3InuHbIe (PH-
3WYECKHE YCIIOBUSA, HA UX OCHOBAaHUHU M3YyYaTh 3BO-
monuio YO U fenarh BRIBOABI 00 YCIOBHSIX B3pHIBA
U CBOMCTBaxX Cpelbl.
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Pewenue ypasnenus Komnaneiiya ons yoapnozo ¢pponma 6 cpede ¢ niomuocmoio, UsMEHAIOUelcs N0 3aKOHY...

6. DBomonusa yanapuoro ¢poHra
B peaJlbHOM BpeMeHH

Css13p BpemeHn Kommaneiina y ¢ pealbHbIM BpeMe-
HeM ¢ TpeOyeT 3HaHUs oObema V' YO kak QyHKOIMH
BpPEMEHHU:

Yy
t=h[ W (y)ay,

2p,
EMI* -1)
Manur O CBOMCTBax CpCAbl U SGHEPIruu B3phLIBA.

rae mapametp h= cozepkuT uHpop-

O6pvemM YO, ucnonb3ysl MOITYYEHHOE PELICHHE,
HaXOIUM YHCJICHHO ISl KaKAOTO MHTEPECYIOLIETO
Hac MOoMeHTa BpemeHn Kommaneiina y. BwiOupas
po =300 oM 3, = =10 spr, A=2, z,=10mxK,
I'=7/5, MOXHO NEpPEelTH K PealbHOMY BPEMEHH ¢
(puc. 6). B xadecTBe XapakTepHOI'O BPEMEHHOIO
MacmTaba BeIOMpaeM Bpemst npopbiBa Y® Ha Oec-
KOHEYHOCTb IIpU cnaanuu miotHoctd M3C o Hyms
TIpH BBIOPaHHBIX Mapamerpax, t =1.272-10" c.

Ha puc. 6 xopomo BunHa ¢asza yckopenus: YO,
KOoTOpasi cMeHsieTcst da3oi 3ameniieHus: (Topmo-
JKeHUs). BUIHO Tarke, 9TO BOCCTAHOBICHHBIH YO
Ka4yeCTBEHHO MOoX0XK Ha YO nns pemenus Cunnya—
@domMuHa, UCTIONIB30BAHHBIN B [ 15] 1uid WintrocTpauuu
noseneHuss Y®. OgHako mpu OIMHAKOBBIX 3HA-
yeHusx miotHoctd M3C Ha OJHUX U TeX Ke Bpe-
meHax Komnaneiina ¢opma hponra Oyzner cymiect-
BEHHO OTJIMYATHCS B 3aBUCHUMOCTH OT IOJIOKECHHUS
TOUKH B3pbIBa. Ha BpemeHax, npu kotopsix YO ams

TOPMOXXEHHE
20 . -

yCKOpeHue

20 T HEpeXon K
el TOPMOKEHHIO
1 1 [l 1 1 1
0 1 2 3 4 5 6 z

Puc. 6. Ceuenrie YO I10CKOCTBIO CAMMETPHH B Pa3IUYHBIC MO-
MEHTHI peasibHoro Bpemenn ¢ (2, =1; y* ~107%): t, =0.186t_,
t,=0.54t_, t;=1.0486t_, t,=1.86t , t;=2.72t . Ilynk-
TUpPHAs JIMHUA — paccyuTaHHas popma YD B IpoMeKyTOUHOH
obmactu

pemenns Cunnga—®@oMuHa erie OyIeT pacuIupaThb-
csa, YO misa runepOoNIMuecKoro 3akoHa CHajaHus
IUIOTHOCTH YK€ TepeiiieT B Ga3y TOPMOKEHHS.

[IpuBenem Tax ke orneHkr oobeMa YD kak coe-
pot (V,), xak mumuaapa (V,) ¥ 4UCICHHO paccuu-
TaHHBIH 00beM (V) Ans 3agaHHBIX 3HAUYEHUI HOP-
MupoBaHHOTO BpeMmeHnu Kommaneiina Y (cMm. Tabm. 1).
BunHo, uto Ha ManbIX BpeMeHax Y <Yy o0bem YO
MOXHO MPUOIU3UTEIBHO OIEHMBATh Kak 00beM
cdepsl. Ha Bpemenax, OJM3KUX KO BPEMEHH MIPOPHI-
Ba Kommane#ina y ~ Y., omeHka o0bema YO kak
cdepsl moydyaeTcss HEMHOTO 3aHM)KEHHOH. B 10 xe
BpeMs, HECMOTPSI Ha BBITAHYTYIO ()OPMY, BEIYUCIISIS
o0beM YO® kak 00beM IWIMHAPA, MBI MOJTydaeM
3aBbIILICHHBIC 3Ha4eHUs. [Ipu TopMOkeHHH, KOTAa
nornepevHslid pazmep Y@ craHoBUTCs OoJbIE MPO-
JOJIBHOTO, TIPH BBIYUCIEHUH 00BheMa (POHT OMATh
MO’KHO MPHUOJINKEHHO CUUTATh CPEPOii.

7. 3akiaoueHue

B pab6ote monyueHo MONHOE aHAIMTHYECKOE pere-
aue YK, ommceiBarorniee 3BOJIONHI0 YO B HEOMHO-
POAHOM cpeie ¢ IIIOTHOCTBIO, U3MEHSIOMIEHCS 0
3aKoHy runepoonandeckoro TanreHca or MO k M3C,
BKJIIOYAIOIIEEe MPOMEKYTOUHYIO 00acTh (hpoHTA.
Pemenue B mpomexyTouHONH 00aCTH HAXOTUTCS
Y3 YCJIOBHSI CIIMBKY HA BEPXHEW U HUXKHEH IpaHuLax
ATOW O0JIACTH C PEUICHUSMHU B O0JACTAX, MPUMBI-
KAIOIIUX K JUAUPYIONTIM TOUKaM ()POHTA, IOy ICH-
HEIMU panee [15].

AHaJIUTUYECKUE BBIPAXKECHUS IS IPOMEKYTOUHOM
00JacTH BMeCTE C BBIpRXXCHHSAMH IS 00JacTei,
MIPIJIETAIONINX K JTUIAPYIONTUM TOUKAM, TIOJTYICHHBI-
MU B [15], mO3BOJSAIOT BOCCTAaHOBUTH Bechb YD U uc-
CJIEIOBATh €r0 3BOJIOLHUIO JUISl pA3TUYHBIX 3HAYCHUN

Tabnuya 1. Onenkn oobema Y@ kak chepsr (V,),

Kak uuianHaApa (V,) ¥ YHCIeHHO paccYuTaHHbIIH
o0beM (V) s 3a1aHHBIX 3HA4YeHU I HOPMHUPOBAHHOI 0
Bpemenu Komnaneiina
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Vs, nx® Ve, nx® V, x®

Y =0.6 1.261-10° 2.04-10° 1.3-10°

Y =0.86 47-10° 8.54-10° 5.7-10°

Y =1.01 11.67-10° 22.7-10° 15.4-10°

Y =111 |[28.807-10° | 52.72-10° 40.1-10°

Y =122 77.9-10° | 82.29-10° 71.8-10°
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MIPOM3BOJIFHBIX TMAPaMETPOB: TEperaa IIOTHOCTH,
MaciiTaba HEOJHOPOIHOCTH U TOJIOKEHUS TOYKHU
B3pbIBA. DTO JTACT BO3MOXKHOCTH B IIMPOKUX TIpeie-
nax MozaenupoBaTh 3Bomonuio OCH B pasnuyuHbix
(M3UYECKNX YCIOBHUSX W TaKUM 00pa3oM Jenarh
BBIBOJIBI O CBOMCTBax CpeJpbl.

[Toy4yeHHOE MOTHOE pEIICHUE MTO3BOJISICT BHIUHC-
II9Th 00beM, 3aHUMaeMblid Y@, 1 HAXOIUTh H3MEHE-
Hue ¢popmbl YO B peaqbHOM BPEMEHH.

ABTop BeIpaxkaeT OnaromapaocTs E. HO. bannu-
koBo#i u po¢. B. M. KorTopoBuuy 3a 11eHHBIE 3aMe-
YaHus U 00CyXKIAEHHUE Pe3yabTaTOB PEACTABICHHON
paboTHI.
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I B. Kapnaywenko

Panioactponomiunuii inctutyT HAH Yipainm,
Bys1. UepBoHOMpanopHa, 4, M. Xapkis, 61002, Ykpaina

PO3B’ 30K PIBHSHHS KOMITAHIALLS

JJI YIAPHOI'O ®POHTY B CEPEJOBUILI

3 I'YCTHUHOIO, 11O 3MIHIOETHCA 3A 3AKOHOM
I'ITEPBOJIITYHOI'O TAHI'EHCA, (ITPOMDKHA
OBJIACTB TA EBOJIIOLIA YV PEAJIBHOMY HACI)

OTpuMaHO aHANITUYHHUN PO3B’S30K piBHAHHA KoMmnaniins
y IJIOCKO-CTPAaTH(IKOBAHOMY CEPEAOBHILI 3 TYCTHHOIO, SIKa
3MIHIOETHCS 38 3aKOHOM TirepOoTivHOTO TAHT€HCA, 110 MOJICITIOE
TPAHHMIIIO MiXK MOJICKYJIIPHOIO XMapoIo Ta MiXK30PsHIM cepezio-
BUILEM (TIPOMDKHA 00MacTh yaapHoro ppoHTy). Otpumanuii pos-
B’SI30K J03BOJISIE TOOYTYBaTH MIOBHUI PO3B’ 30K, BiJHOBUTH
BEChb yIapHHUil GPOHT Ta JOCIIJUTH HOT0 EBOIIOLIIO B peabHO-
My 4aci 3a IOBUIbHUX 3HaYEHb TPhOX HE3AICIKHUX MapaMeTpiB:
nepenajay ryCTHHH, MaciTaby HEOHOPIAHOCTI Ta MOJ0XKEHHS
TOYKHU BHOYXY.
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SOLUTION OF KOMPANEETS EQUATION FOR SHOCK
FRONT IN THE INHOMOGENEOUS MEDIUM

WITH DENSITY CHANGING IN A FORM

OF THE HYPERBOLIC TANGENT (INTERMEDIATE
REGION AND REAL TIME EVOLUTION)

The analytical solution of Kompaneets equation, descri-
bing the evolution of the shock front in a planestratified me-
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dium for density distribution in a form of the hyperbo-
lic tangent modeling the boundary molecular cloud — inter-
stellar medium was obtained (intermediate region of the shock
front). Obtained solution allows to build the complete solu-
tion, restore the whole shock front and investigate its evolu-
tion in real time for arbitrary values of parameters: density
changes, scale of inhomogeneity and position of the explo-
sion point.
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